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EMINENTISSIMO PRINGIPI 

MICHAELI ANGELO RICIO 

S- R- E. C A R D. 

\^gnoTatrono^ac ludici ^ Tihi nirni- 
rum.CAKDINALlS^AMPLlS- 
SIME , hAc mea qualiacunque , non 
jine ingenuoruhofre .Juhpjcio, Mtnima 
funt^ C?" puhlicam lucem formidant > 
quanto magis fptendorem furpura , 
4tque aciem rnentis tu£? tAdde^ alijs curis^ alijfque 
dudum altioribus jtudijs ac muncrihus animum Tihi 
eccupatum^^vt laus exigua <videri pojstt ^f nomen cla- 
rifsimiMathematiciohiecerimTthi^if lihellum tuum 
flane Awreum de arcAnisAlgehrA penitifsimis ^ate in 
iucemeditumyin memoriamreuocaucrim, Vicittamen 
hdcommahumanitas tuafingularis , necnonhreuitas 
ipfavolumimf in (juatuor exigua opufcula difrihuti^ 
JSloua funt pleraque^ ^ nonnulla hucufque defiderata ; 
iaque perjtringam paucis , ne^fi quando per otium tihi 
licueritf in eorum dele£tu fit lahordndum . In primo 
traBat» de potent^s ohliquis, mohilium varios efe^us^ 
iuxtamultiplices uirtutes^ atque dirediones ,mecha- 
mceprius demonUratos ^ geometrice fithinde fxpendo , 
In fecundo de ^endulis^ angulum incidentia Aqualem^ 
angulo refiexionif , cui principio nituntur 'vniuerfa 



catoptrica^ohiter demonflro i deiniSf^ffl^^ 
ta corporum^ dum in defcenfu per plapa ad horiz^ontem 
ihclinata , "vel rotantur ^ njel eademfadHnt> demque 
(quod inflitutum eft) tempora'^ quiyus Hjihrantur duo 
pendula Aque inclinata ad fuum perpendiculum^ ejfe vtf^- 
longitudines pendulorum^ non "vera iji fuhduplicata ra-- 
tione ipfarufn . Sequitur tertius Aejvafis , in quo ra- « 
tiones ^ quas hahent inuicem altitud^es ^ tempora , ^ • 
^elocitates aquarume Imninihus ertimpentium , ajfe-\ 
runtur , l^andem agi?nus de fluminihus] dtque ohiter 
oflendimus ^ in^qualitatem grauitatis fpecific^ itriri^ 
precise ex maiori , ^vel minori denfitate corpdrum i\d^ 
cemus fuhinde penduli ope metiri in qiiocunque flum,ii\ 
nis loco eiufdem 'velocitatem ^ quantitatem^ , ; ^ 

iVir fuccifiuis horis a me elahorata^ amicorum hotr^^ 
tatu in lucem dedi v quorum^ fi quidpiam Arriferj^t 
^thi^Muenas Eminentifsime fruitum amplifsimu^^. 
horum fludiorum cApifle arkitrahon animofque addei^ 
%t fjfdem continuatis maiora eti^m aggredi^r^. ^f^A^^ 
ciant interim Superi immortales , vt hona artes te^ 
colume diufruantur ^ diuque fufpiciat Roma ^tqut^ 
Orhis^exemplar 'vitA integerrimA ^jEr ariumomnigens^ 
eruditionis prAferti/n facr^ ^ anim^mij[^\c maiorem^ 
ipsamet purpura^ v-a. vAa - 

EminentiATuAReuerendifsi^nA 

^ Humillimus, & obfcqucmiffimu* Seruift 

Ipannes Ccna A^atieau^c Phyficp^ 
aiatlKmaticd& Romanse Sociut, 
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DE POTENTIIS 

O B L I Q V I S 

Tradatus Geometricomcchanicus 

EXPLICATIO TERMINORVM. 

VM dicimuscx.gr.mobilcA cflcafFcaum virturc 
AB; intclligimus ipfum mobile talc in fc pfmci-/j|*| 
piumhabcrc, vtferatur fccuadum lincam AB ha- 
bcns in prxncipio motus, ncmpc ciun cft in A,po. 
tcntiam ab ipfa A B linca dimcnfam . 
Qiiod fi idipfum mobilc dicamus afFcdtum pluribus 
yirtutibus , hoc cft AB, AC ; Scn{\i% crit qudd mobili infit 
talcprincipium tcndcndi fecundiim vtranquc lincam AB, AC; 
vid. pcr A B, opcrantc virtutc A B, & pcr A C virturc A C ^ quam! 
uisfimoucrcturmcdiam intcr vtranmic lincam fufcipcrct viam 
aliaquadam virtutc abcxpofitis rcfultantc; hanc vcroquomodo 
vcftigarc poffimus doccbimus infra. 

A X I O M A l. 
Si mobilc fucrit afFc(3:um duabus virtutibus sequalibus in^ 

CAdcni rccaalincaimpclJentibus, fcdadpartesoppofitas.fiftetur 
immotum . 

A X I O M A ir. 

SimobiIefucritafre<a:umduabus,veIpIuribiis virtutibus in-^ 
cadcm rcda linca opcrantibus, ic ad eandcm partcm tcndcntibus, 
inhanc ipfampartcniferctur mobilc tant6potcntije,quancum cfl 
^go^^^gatum didtarum virtutum. 

PROP. I. THEOR. I. 

Ol mobilcficafFcaumduabus virturibusin^quahbusin cadem 
O liuea rcAa in oppofitum rendentibus fcrccurillud ad partcs 
maioris virtutis tanta virtute , quanta cft difFercntia datarum . 

A Si 




2 De Potentjs Oblicims 

$it mobilc A affcdtum virtutibus A D, ina;q»alibns,tmden. 
ubus in oppofitas partcs B D,(3ntquc amb« in cadcm rcita B AU ; 
5ccarumdifFercntiafitCD. Dico mobilc latum iri adpattesD, 

^°Nam^virtutcs A C, A B funt iqnales in eadcm redla opcraiitcs, 
& inoppofitum niteutcsi crgo cum ponamur mfcparabilci ab 
ipfomobili,nccdrccftmobi!cearnm vilibrari ; ScdcxccffnsCp 
non habct cum qua alia virtutc pugnet, crgo dcbct ipimn mobilc 

virtute CD mottcri. 

S C H O L I V M. 
Hic leaorem monitimivolo, quwics dicimus ex. gr. virtutflft 
-jliquam A D/enfum effc mobile A rcfpcdu huiusYtrtutts tendcrc 
m D j quod fi diccrcmus D A , tunc coiicipicndum cflct idcm rao- 
bile A tcndcns adpartes B virtutc D A ; quamobrcm dihgctHcr 
attendendumcftj qiioticscnuntiamus virtutcs, quafnam Uttcras 
primo , &: quas fccundo loco cxprimamus . 

PROP. II. THEOR. IL 

F> * X if ObileA tcndatiuB virtuteAB,&:fupcrhanciineam,tai> 
rS.i. iVl q"atn hipothenufam fit triangulum rcdiuigulu.ii AC B 
cx infinitis , qiiae poni poffunt : Dtco ntobile aftedbim i!I u.» 
virtutc,niti fecundiim AC virtutc AC^ & lecunduni Itncim pa- 
rallelam ipfi CB a pun»Sto A deduaam ntti virtutcCB. 
r , j SiaiimcoacipiamusmobilcAcucuriiffcfpatumiABi-quabil» 
m.m motu ; idem mobilc percurriffct diftantiam A C eodem tcniporc, 
l'rmc. motuquc xqunbili , quarc vt fpatium AB ad Ipatuun AC , ita 
^T' vcIocitaspcrABadcamperACj vcrumvt funt vcIocitat« intcr 
Bord. fe, ita virtutesmotrices, cum igitur virtus pcr B A ht B A, Ula 
lins de pcrACcrit AC . Idcra oftcndemus rcfpcctu Imcat duaxex A. 
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PROP^ HL PROB. L 

Ato mobiliaflFcdo duabus virtutibus, repcrirc mcdianvviam 
pcr quaai dirigatur , &c potentiam motriccxii-*i . 

^ 'sitlrTuu^Lu^n c«^^ rcaa^Ycltendent ad caldcm partcs, vcl 

noaj. 
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TraBatus (^e^metricomechamcus . j 

oon,- fi adcafjcmpartesjpotcntia erit aggrcgatum vtrtutum,& 
dircdio ipfa linea^inquafiTnt virtutes fuppofit» ; fi non tcndant 
ad eafdcm partes,in oppofitas fpcCtabunt^cum fiiDt in eadem linca ; 
uaquc vd fimt ;cquales , vclnotii fi ^Bqualcs ntalla erit diredlio, 
^cqucpotcnria; fi inarquales^iam oftcndimus inprimohuiuscfle 
dirccaionem, fcuviammotus lineam illam inqua virtus maior» 
potcntiam vcro qua moucrctur difFercntiam virturum . 

Scd non fint in cadcm rctfta s itaque mobilc ponatur A , Sc vir- 
tutes,quibus cft affcdum cxprimantur rcdis lincis AB, AC. 
lungatur BC qua diuisa bifariam in pundo Diungatur AD,& 
producatur indefinitc ad partcs D ; tum fccetur DE arqualis 
AD,- dico AE^fcuduplamipfius AD cflc qusefitam potcntiam, 
& viam qua dirigitur mobile fic afFcdum. 

A pun£lo A cadat pcrpendicularis AG iulincam BC, caquc 
produdta, fumatur GF a?qualis AG , iundti modo EF, erir 
parallclaipfiDGi cftautcmDG pcrpendicularis ipfi AF, crgo 

etiam EF. , • i . a ^ r-y% 

lam veroquoniam virtus A B oroducit duas virtutes A G, G B, 
&ACduasAG5GC5 virtutcs AB, AC rcfohicntur in quatuor 
virtutes A G bis , & duas G C, G B ^ Scd in primo cafu duar virtu- prop.u 
tcs G C, G B jcquiualcnt differenti^ ipfarum, & in fecundo earnn.^^«^«^^- 
demaggrcgato^ncmpcFEjquod quidcminfcriuslcmmatcoftcn- 
dcmus^ergovirtutcsABjACproueniuntcx virtutibiis AF, du- 
pla ipfius AG, & FE i hsec autcm dua: producunt AE ; crgo ' 
AE eft qu^^efitapotcntia, &dire(aio fccundum quam fcrritlcbct 
uiobile fic affccaum* 

L E M M A. 

Qiiod vcroafrumpfimusjvidelicct in quarta figura cflc FE diffc- 
icntiam virtutumjfcuhncarumGC^GBs & iu quiata figura-^, 
aggregatum carundcm lincarura, hoc modo fict manifcftum . 

Quia in primo cafuBD cftxquaHs DC cx conftrudiionC;^, 
erit B G maior ipfa G C , cxccfTu D G , atquc adco ablata D G cx 
DCcrit cxccfliis lincaeBG fupra GC dupla ipfius DG fcd 
D G ad E F, cft vt D A ad A E, ncmpc vt i ad 2 , crgo cxccflus, fiuc 
diffcrcntia ipfius B G fupra G C crit a^qualis E F . 

In quinta vcrd figura^quia BD,D C Amt f qualcs,crunt trcs lincf 
G B, G D, G C arithmctice proportionales j idcirco dupla mcdia: 
GD sequahs crit duabiis fimulhncis cxrrcmis G B^GC; vcrum 

' A 2 dupla 



^ De Potertt^s Ohlic^uis 

dupla ciufdem D G, vt fiiperiiis diximusjcft ajqualis linea? FE,crgo 
F E cft ajqualis aggrcgato linearum G C , G B , quod &c. 
COROLLARIVM. 
Hinc manifcftum cft, fi iungantur B E, C E, efle B A C E paral- 
IclogrammumjCum diamecri B C^A E fe inuiccm bifariam fecent 5 
itaquc fi apundtisCjB nulh habitu ratione diamctrorum ducan- 
tur parallelx vt implcant pirallelogrammum B A C E, datum eric 
pundumE, & confequenter alio artificio comperta crit qusefita 
potcntia AE. 

PROP. IV. PROB. IL 

DAto mobili tribus^ feu quotcunqne virtutibus afFcdlo , inuc- 
niredirc<ftioncmmobilis ficaffe^Sti, nec non potentiain«> 
motricem . Fig. 6. Tab, i . 

: Ex tribus virtutibus A B, A C, A D fumptis duabus quibufcun- 
quc A B, A Cj ex antccecicnti repcriatur potentia ex ijldcm rcfuU 
tansAE. lam mobilcA cftperindeacfitantumduabus AE, AD 
virtutibus afFcdum cflcc j ideo fiat ex duabus A E, A D alia virtus 
AF5 qu.T rcfultabit ex tribus propoCtis AB, AQ ADj idcoquc 
AF crit direilio, &poteiuia qujtiita^ quod fi plures cxtitcrinc 
codcm artificio vtcmur . 

S C H O L I V M. 
Hic licct confiderarc qiromodo ex varia conft rudlione repcria- 
ruridcmpun(itamF,- naminhoc fimplicicafu poflumus id prae- 
ftjrc rriplici conftrudtione pro triplici combinacionc duaruai,-* 
virtucura cx illis tribus ad libitum afTumcndarum 5 quodjfi res 
fcrret,poflcm gcomctrice oftcnderc, faciam tamcn impoftcrum^vt 
vcritatcs hx mccbanicas in luce gcoroetrica colloccntur . 

PROP. V. PROB. IIL 

INuenircpotentiam cum tali dircClionCjqu:^ valcat fiftere quod- 
dam mobilc aff^Clum quotcunquc virtutibus. Fig-j^Tab. i. 
Sit mobile A affcCtum virtutibus A G^ A B> A C, A D, debcmus 
rcpcrirc pottntiam cum ca dircdtione , qua: fiftat mobil<? A . 

Ex virtutibus A G, A B^ A C, A D fiat cx antecedenti vnica A 
& produda buiufmodi lincavcrfus A, fccctur AF iequalis ipfi 

AEi 



^TA&dtus G eotnetricomcchanicHs . / 

AE; dfcoinucnram virrutcmAF, refiftcre in illapofitione vir- 
tutibus ABjAC^ADjAG, itavtfiftat mobilc A; nam mobile 
A afficicur di(ftis virtutibus , perindc ac fiafficeretur vnica AE, 
cui cum in cadem linca contranitatur virtus A F c^quali vi , ncccffe 
cft, vt fcquatur *equilibrium . 

A X I O M A III. 
Sifueritmobilequibufdam libratum virtutibus, quotlibct ca- 
rum ^eque rcliquis obfiftcnt. 

PROP. VI. THEOR. III. 

SIT libratum mobile A affe^tum virtutibus AB, AC, AD, 
duftadcindevtcunqucrcdaF AG pcr Atranfcunte, dcmit- ^^^^* 
tantur perpcndicularcs B F, C G^ D E : dico A A E fimul a^qua- 
lcscficrcdn? AG cxaltcrapartc: itcmquc duas pcrpcndicularcs 
EF5CG fimul eflc iequalcs conftituta; in alia parte pcrpcndi- 
»culari DE. 

Quoniam mobile A ponitur libratum virtutibus A B, A C, A D, 
fi vnaqu^queipfarum^nempe AD ftatuatur pro vnajwrteajqui- 
librij 5 rcliqua? cfficicnr alrcram partcm ; fcd virtutes E D, AE ^^''^* 
poffunt ipfam A D, itcm FB, A F producunt AB5 & dcmum G C, pr a. 
A G ^antundcm pollenr, ac ipfa A C5 ergo virrutes fimul E D, A E 
;cque Qbfiftcnt virtu tibus fimul F B, A F, G C, A G. Qiii ia vero vir- 
tutcs AE5 AF,AG opcranturincademlineaFG, nccmobilc^ 
fccundumhanc moueturjCrunt virtutcs AF, AE a?quales virtuti 
A G5 & linca? parircr lineis. Dcinde cum pra:didtum mobilc^ 
nequeat moueri, ncquc fecundumperpendicularcm ipfi F G i hinc 
fit, vt virtus E D fit xqualis duabus virtutibus F B, G C > quod &:c. 

Sivcroplurcs cxtitcrint virtutes, quibus mobilc libraturnma- 
near^ eodcm modo oftcndemus propofitum. 

IDEM GEOMETRICE'. PERICVLVM I. 

HOC vt poffimus geometrice oftenderc , ftatuendum eft fi 
producaturD Ajfiatque AL xqualisAD; IincamCB,& 
produdlam AL mutuobifariamfecariinH,- virtuscnim AL fit py.g 
exduabus AC, AB. Aganrur iam pcrpendicularcsHMIj LK, htiiHi' 
& BMN parallcla GF i oftcndcndum cft gcomctricc lincanu-j 

ED, 



g ^ Be PotenfijS Ohliquis 
E D, hoc eft L K effc sequalcm diubus C G, B item A E, A F , feti 
A K, A F eflTe .Tqiiales fimwl ipfi A G . Eft etiim C B ad B H, vt N B 

M H fed C B eft dupla ipfius B H , crgo criam N B dupla crit 
ipfiusMH,- quarcBF fupcrat eodcm cxccfTu H I , quo IH ipfam 
G C ( nam rrquales funt trcs G C , I M , F N intcr fe ) : cum igitur 
fint arithmeticc proportiona-les prsedifta? linea?, crit dupla mcdia^ 
HI, hoceft LK , nempeED «qualis duabus fimul extremis 
CG, BF. Similiter, quia IG eft afqualis IF, erit I A fcmidif- 
fcrentiaduarumAG, AF,-quarc KA duplaipfius Alcntdiffercn- 
tia duarum AG, AF, &proprcrea AF vna cum diffcrcntia K A, 
fcuAE crit lequalis ipfi AG, quod&c. 

SCHOLIVM. 

Videsquambenerefpondeatmcchanica h^cdodriru geomc- 
tricis rationibus, cum ipfa? dcmonftrationes gcometric» acccdanc 
tanquam cxamina, adid, quod mcchanici tradimus. 

PROP. VIL PROB. IV. 

n^, 1. n IT mobile.autgrauc AalligatumfuniculisB A5D Ajquorum 
Tah.i. ^ beneficiopendcatcxlibrarc<aaBD, &:ponamus E A effc^ 
dircaionemjfeu pcrpendiculum ciufdcm corporisA: qu^ritur 
iam, qu:e proportio fit virium diaorum funiculorum , Hbra prius 
quicfcentc fufpenfa ex E (quiefcet enim cum libra fic onufta^ 
BDA vicemgerat funependuli EA in perpendiculo conftituti) 
Agantur apundto E perpcndicularcs EF, E G infuniculos A D, 
A B 5 & imaginemur lincam G E F cffc qnandam inflexam libram, 
cxqttapcndeatmobileincodcm.quoeratftatu; ccrtum eft hanc 
quoqutinflcxamlibramGEFfufpcnfam cxE vnacumgraui fic 
alliv^atofwngimunercfunependuli EA, idcoquc fiifpenla omnia 
pro^^rfus immota manerc; ex quofcquitur id, quod infcrius hct 
notum, videiicet virtutem trahcntemextremumFad virtutem^ 
trahentcm extremum G cflc in cadem ratione , ^J^X^^T^^t^^^^ua^ 
cft radius E G ad radium E F ; vcrum fublara Iibra Gtt,6il ublti- 
tuta BED^virius^quafcrat in F fuccedit in D ^ itcmque illi-^^ 
quaeinG tranfit in B (namfuniculifunriidcm, eodemquc modo 
fuftinentesmobilc A) ergovtEGadEF,iuvirtus inDad ipfam 
iivBihoccftjitavisadvim funiculorum. 

LEM- 



TraClatus CcQmemcomechanicus , 7 
L E M M A. 

Quod ver6 affun^pfinuis , nitnirum cffc C E adE F , vt vis ui F 
ad vnn in G hoc inodo probatur. 

Sitcircacentnmi EvolubiliscrochleaHG,ctumcadjnsIitfqua. p,^ j. 
lis EG, brachio videlicet librse GEF, & ponainus iprum bra- r-K*. 
chium cohercns eidem trochlef,ita vt vnamoucantur quottcs hcfl 
potcftcircaptmdumEfixum. Protrahamus modo FE vique ad 
circumfcrentiam trochlc», ita vt F E H Ubram referat,&: H I, G K 
funiailos,quicumtangantcircuU pcriphcriam, eriintperpeudi- 
CHlarc$ipfuHE,GE . LibraGEFfupponitiirina-quihbrioviri- 
bus exiftcntibus pcrpcndicularibus in FA G j fed fi eadem virtutc, 
oua trahimus ftiniciilum GK traharous iplum HI, non idcirco 
mouebitur pimau F ( nam cadem vi refiftimus potentis m F , fiuc 
a..trahamus funiculum G K , fiuc ipfum H I ) ergo cum cadem vi 
adhibitainH,qHsinG reddatur immobilis hbram HbF circu_. 
ccntrum E, 1 iquet cfle H E ad E F, vt vis in F ad vim m H . cft autcin 
HE a:quahsEG,&visin H.-Equalisilliin G, nec nou amb» per- 
pcndKulares ad radios ergo vt G E adE F , ita vis m F ad vim vx 
bTquod&c. SCHOLIVM. 

Hincliquctquomodofehabcat malleus extrahens clauos . Fic 
namque inflexa qua:dam libra , (eu Tcdtis , in quo rcfiftentia clain, 
&adhibitapotentia incxtrcmo manubrij funt virtutcs iimc indc 
in extrcmitatibus hbrx , ccntrum vcro, fcu hypomoclion, vbi 
nititur niailcus. 

GEOMETRICE' PERICVLVM IL 

Tlftfcmmancntibus, quae infig. r.Tab.*.. fecetur vlteriusBD 
I bifariam in L , & demittatur parallcla ipfi E A occurrens B A 
in H produai fi opus eft . Dico BH ad D I eftc vt E F ad E G i 
&'tnfirDerLIadLH, vtBEadED. 

Componitur &F ad EG cx ratiombus EF adE A, &EA ad 
E G TcCn vt EF ad E A, itaDN adDI,&E A adEG eft vt 
BHadBM, vel ad squalcmDN ; ergo cx pccturbata, cnt vc 
E F ad EG , ita BH ad DI, quod primuin. 

DeindcBE adEDfiteXrationibusBE adE A adED; fedBb 
adEAeftvtBLadLHi&EAadED,vtLIadLD,fcuadjqua. 

lcmBL; crgormfusexpcrturbau, cntBEadEDvtlLadLH, 



S SD^ Potenffjs OhUquis 



PROP. VIII. THEOR. 17. 

^k A 7 I^^i^i^^ mancntibiis oftcndcmus mcchanicc fcciindam partcm_> 
Tnb.i. Y pr^diailcmmatiSjVidcIiccccfrcBEadED, vt rcciproccLI 
adLH, ^ 

IntcIIigamus in Eclauiim circa qucm conucrtibilis fitlibrt^ 
BDs liquct cx fa»pcdi(ais,hanc vnacumgraui A fufpcnfo nullo 
modomoucri^ nam omnia ficfufpcnfa funt locopcnduli E A in 
pcrpcndiculoquicfccntis, quopbfito,quia iiiprimapartcpriEce- 
dcntis lcmmatis dcmonftrauimus E F ad E G cftc, vt B H ad D I , & 
in prrccdcnti fcptimapropofitionc crat vis in B adviminD, vt 
E F ad E G, fcquitur, vt vis in B adviminD fit vtBHadDI,- func 
autcmBHjDIdircdlioncsviriumfunicuIorum, crgodudlis pcr- 

Ecndicularibus I K, H M ad libram B D , ficnt cx D I virtutcs D K, 
a,&exBH du^BMjMH; vcrum pcrpcndicularis vis KI cft 
illa qu« opcratur in D , & pcrpcndicularis M H illa qu« agit in B 5 
crgOjCumrcIiquaf dua:nitantur tantum fccundiim longitudincm 
libraf^quibusrcfiftit cIauusinE,critob cequilibrium virtusKI ad 
virtutcm M H^ vt B E ad E D ^ quod &c. 

PROP. IX. THEOR. V. 

fV*^' 7 ^^^^^ ?o{\t\s fiat E O «qualis diffcrenti^ duarum B M, K D (mo- 
I doAE nonfitpcrpcndlcularis ipfi BD; namcum in illo cafu 
nullaprorfus fitdiffercntia, hctcpropofitio locum nonhabcrct) 
dicolincam ON pcrpcndicularem, videIicctintcrO,&produc- 
tamlincamAEN cffc arqualcmduabus fimul pcrpcndicularibus 
HM,IK, r r 

Namvirtus,qu«indirc6lioncpcrpendicuIiE A fiftir libram.^ 
fublatoclauo cxEpundlo debctproduccrc talemorizontalcm^ 
virtutcm E 0,vt vna cum B M «que pugnet cum contrapofita D K, 
alioquinlibraBD, qua!in«qailibrio/upponitur,in alteram par- 
temmoucretur,quoJeftabfurdum. Liquctcrgo hanc orizonta- 
lem virtutem fore «qualem EO , & quiaanguli NEO, NOE 
funt fimulminorcs duobus rcdlis ( poniturcnimNED acutus ; 
conucnient propterea Axxx E N, O N ; cocxwt in N. Quoniam igi- 
tur indircdionc AE N cft virtus totalisj^fcu fibrans n>obiic A,- 

harc 
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ha?c autem virtus, qiiafcunqiicfitjfitcxduafaus, ncmp^ cxdati 
orizontali EO , & akcrapcrpcndiciilari virtutc crigcnda clc Ot 
opcrantctamcninEi trcs autcm har line.^ dcbcnt componerc^ 
triangulum rc(ftangulum , ncmpc ENO ; idcirco virtus totalis 
librans erit EN^ &Tirtus illapcrpendicularis ON, quippc pu- 
gnans cx ;r quo cum duabus contrapofitis virtirtibus K I, M H, cric 
xqualis duabus KI5MH; hoccft linca O N ajqiiabitur ipfis IK> 
MH5 quod&c. 

GEOMETRICE* PERICVLVM IIL 

Llbct modo candcm vcritatcm gcomctrice oftcndcrc, vidcliccc 
O N clTc afqiialem duabus fimul KI,MH. 
Quoninm cftanalytico morc HM+f. KI t=ON ; critctiartL-jF/;§:.4.y 
M L K L := E 0,& fa<aa an thi tcfi cu m 4. B M 5 crit B L ^ K L £= ^'«^- * 
E O 4 B Mjfcd cx conftriKflionc prf ccdentis cft E O 4* B M t=KDi 
rrgoBL^fKL :=:KD,&rurfusfadtaanthitcfi cum '-KL, rclin- 
quitur BL t=LD. 

Itaquc componatur fic; quoniamBL eft a?qualis ipfi LD cr 
conftrudione, fi additur communiter K L, crit B L plus K L sequa- 
lisKD, fedKDcftc^qualisduabusfimulEO^MBi crgoBLcum 
K L crit ^equalis ipfi E O cum B M , & dempta communi B M , cric 
ML cum KL «qu.Uis EO5 fed eadem eftratio duarum ML,KL 
fimul ad E O (ob triangulor um fimilitudinem KILjLMH^NEO^ 
guae duarum fimul H M, K I ad O N , crgo ficuti prima , & fecunda 
lunt inter fc ^cqualcs, ita tertia, & quarta ncmpc H M cum KI 
«qualis crit ON, quod&c. 

COROLLARIVM L 
Hincrcpcrtisduabus virtutibus BH,DI inucnitur totalis vir- 
tus, quie librat mobilc, oftcndimus enim fuiflc EN. 

COROLLARIVM IL 
Similitcrconflatjquaefintvirtutcs pcrpcndicularcs prcmcntc« 
in B, & Dj fuerunt vidclicct KI in D, & MH in B. 
COROLLARIVM IIL 
Itcra qu« vircutcs tranfucrfalcs in ijfdcm pundtis B> & D ; nam- 
que in B fuit BM, in D vero DK. 

COROLLARIVM IV. 
Cum vcrd punfta EL incidunt inidcm pundlumjConftat, vc 

B vi- 
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viderc cft in quinca figura , vires funiculorum pcrpcndicularcs t 



PROP, X. THEOR. Vr. 



rib^i r*IT rurfusmobilcApendcnscxlibraDBvifimicuIorumD A» 
]I3 S A ^ h^c libra fi fufpcndatur cx E ( quoniam E A pcrpcn^i- 
culumponitur) erit inoeqiiilibrio. Producantur linca:DA,B A 
adpartcsA, fiatqs AQj^quahs virtutiDI^&BH virtus sequalis 
A P, iunCta Ycr6 Q^P, producatur ctiam N E A, vt occurrat iundtg 
QP in R . Oftendo iam totalem virtutcm E N a?qualem effc duplo 
\irtutis A R i & pra:terea QR ^equalcm cflc R P , 

Quoniam mobilc A habct iiidircd:ione D AQ^virtutcm Dli 
feu AQ; fimulquc in dircitionc B AP virtutem BH, fcu AP, 
crit idcm mobile affe<f>um duabus virturibus A Q^ A P , cft autcm 
fvtoftendimusfupra}ENvirtuslibrans j crgoinipfius direftione 
NEAR critvinus^qua: fit exduabus AQ^APj qu« cum bifa- 
riamdcbeatdiuidcrclineam QP, conftat primum QR a^qualcm 
cffe R P; deinde cum dupla A R fit virtus , qu^ fit cx duabus 
AQ^,APj quxvcrofit ex his virtutibus, fit illa qua: producitur 
«virtutibus DI, BH , qu.-e funt sequales prioribus j crit crgo 
EN cx hisproucnicns dupla ARj qiiod&c, 

GEOMETRICE' PERICVLVM IV, 

PRotrahatur E R , & cx pundis Q^P agantur P QT parallelf 
BD^fccantcs ER produ(SlaminS,T^ indc analytice^ quo- 
^ niam Q R t=RP j cftq,- QR : R P : ; QJ :S P,crit etiam aj P^ 
vcrum in triangulis fimilibus B H L, P A S , latus P A t=H B j crgo 
crit SP =BLi itcm in duobus triangulis fimilibus QAT,ILD 
cftQA :=ID: crgoctiamQT ^LD^ quarcBLs=LD. 

lamficcomponitur. Quoniam reCtaBL cftaequalis ipfi LD ; 
crif etiam QJ «qualis S P j nam triangulum A P S cft aequale ^ & 
fimilc triangulo B L H > itcmquc A QT fimilirer :^quale triangulo 
kDI^ cftaut<mvtQTadSP,itaQR ad RP obpafaliclas QT, 
SPi crgoQHeftxqualis RP, quod&c. . 

Sccundo. Cum triangulum AQT fic fionilircr a?quale trian- 
juIoLlDiparitcrqucipfumASPipfiBHi-j cric AT ^LI, 3c 

AS 
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A S J=L H5 eft autem & R S t=R T 3 crgo funt arithmcticc propor-' 
tionales tres A A R, A S > & proptcrca dupla A R 3 hoc eft ipfa 
N E5 qua* cft in qu xftione crit a?qualis duabus A T, A S^ feu duabu« 
LI.LHs fed LKfLH: EN:: LK4.L M : OE/ergo vt \ 
LH s^jENj itaLK-^LM i=:OE; id quod in pericula fcrtio of- 
tcndimu5. 

Compofitio. CumLM^^LK fircpqualisipfiOE cfit etiam 
HL4»I L 3Pqua!is EN^ fed ob fimilitudineni triangulorum, &: 
arquahtatrm^LID^AQT.BHLjSAPjCft LI »qualisAT,& 
ASapqualisLH; ergodiia? fimul AT, AS erunt *Yqiiales duabus 
fim^il I L, L Hj hoc cft ipfi E N^ funt autem A T, A R, A S arithmc- 
tice proportionalcSjCumrxccfTusTRjRSfint .-cqiiales; ergodu- 
plaAHcrit^qiialif AT, ASfimul,hoceftEN, quod&c. 

'^J S C H O L I V M. 

Ex i;squ«?ia<ftcnus oftendimus agnofccre licct vitium com- 
mimis ftatera? s nam virtutes pcndentium ponderum 5 qnaf debcnt 
rcfponderc cx aduerfo longirudinibus ftatera?, nctcllccfteidein 
ftaterar infiftant pcrpcndicularitcr; quod ficri non potcft, cum 
tcndanr ad ccntrumMundi. 



PROP. XI. PROB. V, 

PEndeat mobilc A ex libra qualibct curua E E D interpofitis fu- 
niculifi B A A i & E A fit dircdtio virturis hbrantis, hoc 
cft fit pcrpendiculum ; oportet iaminucairefunicuIorumvi;:cs,& 
deijidc -^im cotalem librantem . 

Ducarwr BD, quamfecemusWfaHam inG 5 aquopundodu- 
caturGIK «quidiftanspcrpcndicuioEFA {zczx\s funiculos inl, 
&K3dicovirtutcmfunicuHDA cffeDK, & ilJam funicuh BA 
cftc B I ; nam fi putcmws liticani B D cffc quandam libram redam 
fufpenfam ex F i inhocftatu quiefcet, &crunt virtutcsfimiculo- 
rum(cxprop.7.) ipfa?BI,DK; ablataverolibraBD, &fubfti- 
tu ta curua BE D, pcrfeuerant in funiculis e^dem vires crgo pri- 
mum conftat vires funiculorum D A, A B cffc D B I Deindc fi 
concipiamus mobilc A aifcdum virrutibus DK, BI, & cx his 
producatur vnica virtiisEL ^ hacc crit viriiu fuftincns fc foli 
iftobik A> quod&c. 



PROP. 
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PROP. XIL THEOR. VII. 

fig,i. QlT nirfusmobilcApcndcnscx libraBFD fufpcnsa^aclibra^ 
Tab,i. j3 tacxEi virtutcsfuniculorumfintDKjBIi &cummobile fic 
affcdlum duabus virtutibus DK5BI , inucniamus EM virtutcm 
librantcmjquajnemp^cadcc in perpcndiculum E A,- tum ducSis 
pcrpcndicularibus K G ipfi E D , C$c I F ipfi B F , liquct virturcs fu- 
niculorum DK^BI, hoccft virtutcm FM ficri cxquatuor virtu- 
tibusGKjDGjBFjFI^ dicovirtutcm G Kad virtutcmFI elTcvt 
cft EB rcdalinca ad rcdtam ED 3 hoc cft mechanice cflc rcc- 
tam GK ad FI5 vt BE adED. 

Librcntur du« virtutcs B F, D G virtutc E N , quod vt pra?ftc- 
mus debcmus intclligcrc inEaffcAioncm duarum virtutum D G, 
BEi librcntur fubindc dua: virtutesEN^FM virtutc FL5 cum 
crgotrcsvirtutcsFLjENjFM libratx interfcfint, conftatduas 
E N, F L a^quc rcniti ipfi E M , hoc eft omnibus G K, D G, B F, F I i 
Virtus vcroE Ncft illa, qux librat virtutcsBFj D Gi crgo rcliqua 
F L cric ca, qu;» librat rcliquas duas virtutcs G K^ F I pcrpcndicu- 
laritcroperantesin punClis D, B . Eritque fic libra BED , cum 
ipfis virtutibusGKjFI, hbratavirtutcFL; itaquc, vt cucnit iii 
pondcribus, cr it G K ad F I, vt rcciprocc B E ad D E , quod &c. 

IDEM GEOMETRICE' PERIC. V. 

jr^^.j. Y\ VrfusanalyticcHM:IK::BE:EDiCrgoHMxEDJ==IK 
J\ X BEi&himptismedictatibuSjCrittrianguhunBEIajqua-. 
lc triangulo EH D,- fada modo anthitcfi cum ^ triangul o H I A, 
quodcfta?qualc triangufoEHI (funtcnim intra cafdcm parallc- 
lasjacincadcmbaficunftituta) crit triangulum BEI-»f IAHJ== 
quadrjJatcro EIHD^ & rurfus fada anrhitefi cum ^triangulo 
I A HjCritquadrilatcrumEI AD s=trianguloBEI. Nunc fiau- 
feramus triangulum E I A ex quadrilatero E I A D , fubftituatu rq> 
jpfum ALE J=:EI A ( vtpotcintercafdemparallcias, & in eadem 
bafi conftitutajjcrit triangulum EDA4*ELAt=EBI triangulo; 
Sunt autcm pn-edidia tnangulafimulED A^* EL A ad EBI vt 
fumma illorum altitudinum, ad altitudincm huius ; in qua rationc 
cft reitaDLadLB^ crgo BL t=LD, id quodncmpc conftruxi- 
inu$, ' ' Si 
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Si igitiir fiat compofitio patcbit propofitum, quod&c. 

COROLLARIVM. 
Conftit artificium inucniendi virtutcm librantcm duas virtutcs 
GK5 FI, vidimus cnim cfTc EL. 

PROP. Xm. THEOR. VIII. 

SIT rurfusiaflcxalibraBED,&apundlisD,Bcxcitcnturpcr- F(?. 5 
pendicularcs infra ipfam BED, qunjcocant in N5 Sccctur'^^^*^ 
dcindc O N arqualis M H, & P N ipfi K I i tum inndla P O, itcmquc 
NEi dicomcchanicc hancfccarcPO bifariam inC^ 

Qiioniam virtus librans virtutcs M H^K tranfit pcr E, fimilitcr 
qua? librat duas virtutcsONjPN proucnit ab N ; virtiites vero 
MHjKI funtccnfcndar pcrpcndicularitcr eduda.' apundisD^B^ 
cx quibus vcniunt ipfa? virtutcs ON, PN arquales, & fimilitcc 
dircdt*Tduabuspra:di(ftisMH, KI5 crit virtus, qu.t fit cxduabus 
O N5 P N, cadcrn ac illa, quae proucnit cx duabus M H, K I ; itaqi>c 
hiec tranlibitpcrEj&N, critquc in dircdionc EN5 fed virtus^ 
quarfit cxduabusON^PNdiuidit PO in partcs .-^qualcs; crga 
hoc idcm prasftabit Hnca ipfa N E , quod &:c. 

GEOMETRICE* PERIC VL 

7\ /r Ancntc eadcm figura, ducantur prxtcrca ad candcm EN F»^.;« 
IVt pcrpcndiculares OS,PU. ^-^^-J 

Anaiy ticc. Quoniam P QOjCrit quoquc P R t=0 S 3 vcrum 
N O ad N P componitur cx rationibus N O ad O S, & R P ^ fcu O S 
adPNj cftqiNOadOS, vtEN adED,^ vt R PadP N^icaBE 
adENj crgocxperturbatacritvtNO ad PN; hoceft vtHM ad 
IKjitaEBadED; quodquidcm vtroquegcncrCj mcchaniccjac 
geomctrice conclufimus. 

Compofiiio . Quiaoftcndimuscflc BEadED, vtHM ad IK, 
fcuvtNOadNPj &componiturNO ad NP cx tribus rationi- 
bus NOadOSadRPadPN,. ipfaver6EBadED,extribusEB 
ad EN ad EN ad ED 5 ablatis hinc indc fimilibus rationibus, 
ncnipe NOadOS^&KPadPNcx propo^tionc N O ad PNi 
atquc cx akera prcportione EB adED demptisEB adNE,^ 
N E adE P > i^^i^t pioportio O S adR P fimilis proporiioni N E 

ad 
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ad NE{ aeqyalitatis ncmpi,qiure OS «qualis crit RP^ & cb 
«quidiftantcsOSjRP; OQ^critaequalis PQ^, quod&c. 

PROP. XIV. THEOR. IX. 

SIT quadrilatcrum ACLF, cuinsdiamctcr AL fccetur bifa- 
riaminK, tumiungaturF K, quce produ(5ta occurrat latcri 
^ "" '^' A Cin M. lam accepta M G dupla rpfius K Fdemittatur pcrpcndi- 
cularisGBinAC,& FI in ALs DicocflcGB adFI, vt rcci- 
proccALadAM, 

Concipiamns AL quandam reftam libram , cx qiia pcndcae 
mobilc F mterpofiti« fimtculfs AF^LF,- fitquc MKF perpcndi- 
culum cx qiio fcquitur ipfam libram fufpcnfam cx K , quiclccrc 
debcrc in codem ftatu , & cum A K fit a?qualis K L 3 conftat 
fatiscxdid:isv5rtutesfuniculonim commenfurari longicudinibus> 
ipforum,- hoceft virtu^emfunicuIiLFcffcrc^amLF, & virru-^ 
temaltcriusfunicufiefre I<^ngitudinem AF; Mobile igitur F, cft 
afFcdum virttttibus L F, A F ; & quia G M dnphcft ipfius F K diui- 
dcntis bifarioj-n rcCtam A L ; crit cadem G M virtus librans mobilc- 
fccundum direAioncm,fcu pcrpcndicuIumM F,- itaquc fi intclli- 
gamiisM A L libram quandam inflcxam , &fufpcndamus illam ex 
M virtutc G M f h::ec fane virtus (\(\ict didam libram ( nam mobile 
itafufpcnfumjVtfrpediximus, pcrinde cft^ac fiforct pcndulum 
. MF) quarc in difta libra operantur trcs virtutes, G M rapicns 
furluniNfxtremumMradijMA; LFtrahensdcorfum cxtrcmum L 
altcriuiradfjALj & tandem A F fiftcns libramM A L cxccntro 
A . His pofitis virtus L F producitur cx duabus virtutibus L I, I F 
& virtus G M fit cx duabus B M, G B ; quarc virtus A F librat qua^ 
ruor virtutcs I F, G L I^B M ; Ex duabus L I,B M, quarum affcc 
rio cft in A, fiat virtus eafdem librans A D j & conccpta in E affec- . 
tione duarum virtutum AD^F A ; has itcmlibrcmus , virtutc^ 
«cmpcAE; cum crgo tresvirtutcs AD, AE,F A in ;KquiIibrio 
ponanturj patctduas quasfibet virtutes A D, A E aequc pugnarc 
cum rcliqua FA; &rideo AD, AE neglecflisalijs, viccm gcrcr^: 
ipfiusAF; Hincfitvt dua?virtLites AD, AE fiftant libram inflc-. 
xa m opcrannbus ctiam virtutibus I F L I in L , & B M, G B in M 
fcd ex his quarnor^ duse L I, B M, librantur virtutc A D crgo rcli- 
<iua A E-, arqtic pugnabit c»m duabusperpcadicuUribus vircutibn^. 
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IFjGB; qiiarejpondcrummorCj critAM adAL, vt rcciprocc 
IFadGB. SCHOLIVM. 

Idcm oftendcmus exiftcntc ex altcra partc libra inflcxa A L M ^ 
fiprimumiungamusMLi indc in hanc dcmittamus a pundtoG 
perpendicularcra ; oftcndcmus inquampcrpendicularemhincajl 
FI,cffevtLAadLM. 

GEOMETRICE PERIC. VIL 

OVoniamponimus AM : AL: :IF: GB;eritAMXGB { 
A LXIF; & ipforum dimidia, ncmpe triat>gulum G AM 
ALFtriangulo^&fadtaanthiteficnra — K A F triangu- 
lo, crit trianguhmi LKF:=J4AK4*AFG triangulis 5 hoc cft: 
trianguliim LKF t=: AKF triangulo ; (namKM^^GFsrKF) 
crgo cft AK t=KL. 

Compofitiojfatispatct c5ucrtcndo id quod analytice diximus:» 

PROP. XV. PROB. VL 

PEndcat nwbilc L cx libra rcAa A B fufpcnfinn tribus faniculis p^^^ ^ 
BL,DL,ALi &darisquibufcunquc virtutibuSjputa com.r#i^,v 
nicnfuni: i s ab ipfis funiculorum longitudinibus oporteat mucnire 
cx quo pundoj qua virtutc, & qua dire^tionc debcat fufpcndi 
prorfusimmotum j ita vtdatse virtutcsfintillajfuniculorum. 

Quoniam mobiic L ponixur effe afFci^um virtutibus B L^ D L^ 
A L ; ex duabus A L, D L fiat G L ( nempe diuisa bifariam A D ia 
F 5 & adiimpta G L dupla ipfius F L ) iungaiur indc G Bj caq» bifa- 
riamfcda in H^fumatur CldupIaHL i Hispofitis virtusCI 
librabit duas virrutesB L,GLs ideft trcs virtutcsBLjDLjALj 
idcft mobilchifce virtutibusaffcd:um^ exqjio fcquiiur CI efTc^ 
nienfuram^^djre^aioiicmvirtnrismobilc librantiss Si igitur ex 
C fufpcndatur libra rcdta AB ipfa virtutc fic dirc^a CI^ cl^ 
n^anebitinr.nota; & pra?tcrca>idquodprOpofuiriUisfacere^ virt- 
tutcs funiculorum crunc iplo: longitudincs. 

COROLLARIVM L 
• Scquitur . Si mobilc L ponatur qiioddam grauc haberc no$ 
artincium iucundum ^ qno vcftigcmus incliiutioncm pf xdict(c 
libcje, qudpofita inasquilibrioj cxcrccani fimiculi BL;,DL, A U 
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qiiaslibcc daras virtutes^ nam data?illaj vir;utcs funiculonim li- 
brata? fucrunt virtutc C cuius dircdtio I C L fi aptccur in pcrpcn- 
diculum Mundi, mancbit quidcm libraimmota co inclinationis 
angulo I C K, qucm quxrimus, cum pcrpcndiculo A C L • 
COROLLARIVM II. 
Et fi plures excitcrint funiculi,quam tres, nonabfimili modo . 
praeftabimus iiitcntum. 

PROP. XVL THEOR. X. 

Ilfdem mancntibus cadant in candcm libram pcrpcndicularc»^' 
LE5IK; Dico vtBCadCF, itacflcrcciproceduplam ipfius 
LEad reftam LEi &: CK cum AE a?qualcm cffcduabus CE, 
BE fimul. 

QuoniamCI fitcxduabus virtutibusC K, KI; & AL cx dua- 
busAEjE L; deindeDLcxduabusDEjELjdcmumB L exdua- 
busBEjELi VirtusveroGI exajquo rcfiftebat virtutibus BL, 
DLjALs fequitur, vtvirtutcsKl^CK fiftant eandemlibram^ 
contrarijs virtutibus B D E, A F vna cum triplici E L cumq; cx 
iftisomnibus^virtutesCK^AE^BEjDE nitantur fecundum rcc- 
tam A B 5 vt ncc hinc , nec inde moucatur libra ; fequicur ^ vt qua; 
rcftant virtutes inter fc pugnent cx a^quo, alioquin libra non quic- 
fceret,quodeft conrrafuppofitum; cum igitur hocita fit, liquct 
primo virtutes fimul C K^ A E xquales cfle duabus fimul B E, D E 5 
&:deindeKIefrca?quaIcmtripIiciEL. Pr^etercacum perFtran- 
fcat dircftioduarum virtutum AL^DL; fcquitur, vt F fit ccn- 
rrumvirtutum ccnfendarum in D,A perpenaicularium, ncmpc 
E L in D, & ciufdcm E L in A ; quare ponderum morc, crit B C ad 
C Fj vt dua? E L ad vnicam E L, hoc cft vt 2 ad i . 

GEOMETRICE' PERIC. VIIL 

RVrfusdico, cflcctiamgcometric^ BC duplam CF, ic Kl 
triplam LE 5 tandcto duas CK,AE, fimul forc a?qualcs 
duabus fimul DEjBE. 

Primo quiacx ftatica noftra conftrucflionc, quam cdidimus, eft 
L G B C clcmentum primum^ cuius ccntrum C ; pondcra vero B, 
G, L ; crit ratio rcdlae B C ad C F ^ hoc cft pondcris F ad B compo- 

fita 
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fita cx rationibiis pondcnim F ad G ad B , rcxitarum vi dclicct G L 
adLF^&BHadHG; cftqne B H sequalis H G ; crgo vt B C ad 
CF, ita LG ad LF , ncmpe vt i ad i . 

Sccnndo LF cftitqualis FG; item BH ipfi HG,- crgo linei 
FHqu:eiungcrcturcirctparaIlclaLBj quarc vt BC adCF, ita 
LC ad C H i fuit vcrd BC dupla ipfuis CF; ergo &: LC ipfius 
CH; &quiaLC adCI componitur cx rationibus rcd:arumCL 
ad LHadCIi cftqucCLadLH,vt 2 ad 5 ; &:LHadCI,vt i ad 
a, fiue 3 ad ; crgo ex xquali vt i ad , fiuc vt i ad 1 . ita L C ad 
CliboccftitaLEadKI. 

Tcrtio analyticc, quia K C ^ A E, idcft 3 E C4* A E, ideft A C 
4.2ECn:BE^DEi hoccftipfiBC4.2CE4.DC; vidclicec 
2 CF4* 2CE4*DC; erit fada antithcficum— 2 CE, A C = 

1 CF^fCD; &:rurfusfa(ftaanthitcficum-*FCjCrit AF=5CF 
4;CD,idcftFD. 

Cumquc compofitio fatis cuiquepateat; erftgcomctricc KC 
mm AE «qualis BE vna cum DE, quodcrat&c. 

PROP. XVIL PROB. VIL 



SI T inflcxa libra B D E , & ex ca pcndeat mobile fufpenfuitu^ 
funiculis^BAj CA, EA; quasrimus eam librc-epofitioncm t% 
in qua librata, vircs E A, C A, B A funiculorum fint dat« • ^ ^ • 

Ex virtutibus B A, CA, EA, fiat vnica AFG iam conftat 
GFA cfrevirtutemjacdircdionem mobile librantcm; & prop- 
tcrca fiifpenfa libra cx C quicfcct in eodem ftatu librata 

COROLLARIVM. 
. Hinc manifcftum eft, fimobile Afucritgrauealiquod^libram 
vcro c6 vfquc vcrtamus qnoad finca G A incidat in pcrpcndiculunv 
vaiucrfi, habere nos artificiumlibrandi eopadio grauc, vtfuni- 
ciih, quibus fufpcnditur^ patiantur datas vires. 



PROP. XVIIL THEOR. XL 



Ilfdempofitisiungatur FE3 & agantur perpendiculares AK ad 
B F , & A I in F E . Dico vt duas fimul A K ad vnicam A I , ita r^/. 
cfrcEFadFL. 

Librcmus virtutc^ E I, B K, C K vir tutc F M,& perinde ac fi efrct 

C in 
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inT afFcdio ?an rum virturum F G A has icem hbrcmus virture 
FNi cum igicur du^e virrutcs DN, DM librcnt virtutcm G A 
produftam cxvircucibus EI,I A,C K^KA^BK.KAs du:c virtu- 
tcsFM^DNCftcntlibram^opcrantibus cxaducrfo virtutibus EI, 
I A^CKjKA.BK.KA; verum virtusFM librat trcs virtutcs EIv 
CK.BK; Rchqua igitur DN pugnabit arque cum rcliquis pcr- 
pcndicularibus I A, K A^K A, opcrantibus dcinccpsinpimftisE, 
C j Bi at ccntrum duarum virtutum KA cft in L (nam dirccSia 
virtutis A H cft pcrpcndiculum ipfarum virtutum , & idco L cft 
ccntrumlibr:^ BCfcorfimconccpta?; crgo vtFIl adFE, ita I A 
ad dupliccm KA. 

GEOMETRICE' PERICVLVM IJC. 

QVoniam analycice FL: FE:; AI: 2, AKj crit FLxiAK 
FEx AI,&corumdi^nidia videlicctrriangulum AFH 
AFE triangulo; cft autcm triangulum AHF ad ipfum 
AFEjVtcorumaltitudincsafrumpta AF vt bafi communis & vt 
iftxaltitudincs intci^fc, ita triangulum AHG ad triangulunx^ 
G E A ; crgo trianguhim A H G E G A triangulo^id quod mani- 
fcftum cftjCtcnim A H G E cft parallclogramum cx conftr u<5tionc. 
Conipofitio vnicuiq; liquct ;.crgo eft F L adF E vt A I ad 2 A 

PROP. XIX. THEOR. XII. 

Txg.f>. O IT triangulum GEC, cuius ccntrum grauitatis A5 ducarv- 
7"4^.J- i3 turquc ab A ad angulos lincae AEjAC^AG; dico, fiin A 

ftatuatUr mobilc affcdum virtutibus A E^ A C , A G , carundcm 

vilibrari. 

Producaiiturlincxiund», vtoccurrant oppofitis latcribus m 
pun(ftisD,B,F;patct,obccnrrumgrauitatis,^acG A duplam ip- 
fius A D5 & E D :tqualcm ipfi D C 3 quarc virtus A G librabit duas 
Yirtutcs AE, AC; hoc cft fiftct ipfum mobile. 

COROLLARIVM. 

Illudquoqucdeducitur cffcGB a?qualcmBC: & EA duplam 
ABi nam AElibraiduas virtutesA G, AC, & proptcrea fcqui- 
tur, vt GB fit ^qnalisBC^&EA duplam ipfius AB^ itcmGF 
fit 3Equalis FE, & C A dupla AF, quod&c. 

Idcxiigcomctrkefacilcdcmonftrabis. PROP. 
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PROP. XX. PROB. VIIL 

Int trcs pali vicilTim coharrcntcs inB , vt pun<ftum B cmmcu /r,^.», 
fupra folum, inquopunAaAjD^C: pcndcat vcro a vcrricc T^k.^. 
jBgraucalligatumfuniculoBE,&pondusipfius intclligatur rc<fta 
BIsinfupcrvisrcfiftcntiajpaliBCjdumprcmitur a griui lEvni 
cum alijs palis in concurfu B, fit rcda CB. 

His datis volumusvcftigarc fimilcs rcliquorum palorum rcfi. 
llcntias • lam iiquct virtiitcs rcfiftcntiarum palorum C B> D B, A 
aducrfusgraucE,a?quiUbrarivnicaf virtuti BI; (nam omnia fcr- 
iianturprorfus immota) idcoqucdu^ qu:cqucCB, BI arquc pu- 
gnabunt cum rcliquis virtutibus palorum AB,DB. Si igitur cx 
duabusCB, fcu«quaIiBL5& BI fiatvnicaBF; hxc opponctur 
cx sequoduabus pal6rumAB,D2rcfiftcntijs. Itaquccum datum 
fit pun<fitumF; itcmquc pofitiones duarum virtutum palorumL^ 
AB,DB,- complcri potcrit parallclogrammum BGF H; &con- 
fcqucntcr BH crit virtus rcfiftcntixpali DBi ScG B illardiqui 
pali aducrfus grauc, quod&c. 
^ SCHOLIVM. 

Cum <Uxi rcfiftcntias palorum, intcllcxitantum illas virtutcs, 
quibus ipfipali vcr^ vtuntur aducrfusgraiic; quamquam noucrirn, 
fi confidcrctur ctiam loli firmitas, aduabus tunc virtutibu* agi^ 
ncmpc a pondcrc prcmcntc^5c lolo rcfiftcntc. 

PROP. XXL THEOR. XIH. 

C^Ocant fimul in B dwx linca? A B, D B; S2: D F pcrpcndicularis /^^'^ 
^ fit ipfi AB; itcm AC ipfi BD : dico cffc mcchanic^ AB 
ad BD, vt AC adFD. 

Concipiamus ABD libram inflcxam^ quam fccundiim dircc- 
tioncm AD immotam duabusoppofitispotcntiisrcddamu$; iam 
liquct duas illas potcntias intcr fc forc aeqnalcs,quia perindc cft^ac 
fi ilL-e libramrcdamD Aimpcllercnt fccudum cius longitudincmi 
quaproptcr pofita virtntc in D ipsa D A, crit virtus in A ipfa A D 5 
cumquc cx virtutcD A rcfultcnt idcm acilla opcrantcs virtutcs 
DC5CA i &cxvirtutcAD5virtutcsidcm acillapraeftanrcsFD^ 
AF^- nihilominu$inflcx;ilibraopcrantibus hifcc quatuorvirtuti- 

Q z bus 
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biislibratafift«urj quarc fi cxdiiabus virtutibus AF5DC vnica 
gignatur B E ; rurfus inflcxa libra crit immota opcrantibus virtu- 
tibns FD,C AjBEi itaquccrit vtvirtusFD ad ipfamC A, ita 
xcciproce longitudo BD ad longitudincm B A , quod oftcndiflc 
oportucrat . 

CEOMETRICE' PERICVJLVM X. 

QVoniam ad F, C funt anguli rcfti tranfibit circuli circumfc- 
rcniia pcr punfta AjFjC^D,- & idcirco angulus FDC 
-ajqualis crit angulo B AC \ cumquc in duobus triangulis 
ABCjFBC angulus ad B communisfit; crunt duo triangula^ 
ABC, FBD fimilia,quarc vt ell BD ad AB, itaFDadAC, 
quod&c. 

PROP. XXII. PROB. IX. 

^ Q IT grauc C pcndcns cx H, quod fulciatur ab inclinato pafa 
l3 F A in parictcm BA folo BF pcrpendicularcm . Quiprimus 
virtutcSjCarumqidircdlioncs, quibuscxtremitatcs A,&F nitun- 
tur aducrfus parictcm, & contra folum. 

Ponamus virtutcm totalcm grauis C premcntis,cfrcredlani— » 
CH5 quxquideminpcrpcndiculofit; &apiind:oCdiicatur pcr- • 
pcndicularisCE adlongitiidinempali AEF. Liquct primo vir- 
tutcm HC ficri cx duabus virtutibus HE, EC > itaque mobile 
librabitur virtutibus H C^C EjEHjtanquam in H cflct afFcctu prf^ 
di<ais virtutibus . Fiat modo^vt F A ad A H, ita C E a d E D ^ critq^ 
diuidcndo^vtFHadHA.itaCDadDE; poficifqiieCD in A, & 
DEinFperpcrtdiculariter inlongitudine pali operantibus; Rur- 
fus virtiis C H librabitur ab oppoiitis virtutibus ex A, & F pcrpen- 
dicuhfitcr vna cum EH. lain i\ cx virtutibusE HjDE , quibus 
affccitiocft inFproducatur viftus GF; critha?c virtus fic dirc(fta 
eaquapalusfuftentatur afoIoinF^&CD virtus ita dircdla, qua 
polus a paricte in A libratur . 

PROP. XXm. PROB. X. 

f O IT fnpfafiorizontcm pyramis iniferfa B H G F, cuius ccntrum 
^ grauiiatis A j &€umponatur inclln?ita ad cundcm horizon- 

tem; 
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tcm ; oporrcat fccimdum datam dircdioncm DF inucnirc po- 
tcntiam in illo ftatu pyramidcm fiftcntcmj&fimul vimopcrantcm 
in B aducrfus candcm pyramidcm, polita virtutc C A totili, ac 
pcrpcndiciilo virtutum : ' nccclfc tamcn eft lincam dirc(iiionis D F 
vna cum duabus AB, AC in codcm rcpcriri plano . 

ApundtoB agaturpcrpcndicularisrc<fiaj AB, qu.-e conucniat 
cum A C, puta in C, & vt F B ad B A , ita fiat B C ad F E pcrpcndi- 
cularcmipfiFBi tum a puncto E dcducatur pcrpcndicularis ci- 
demFEoccurrcnsdircft.onislincae data? inD; protradta demum 
FB^&afTumptaB Ka^qualiDE, fiatmodoCperindcacficirct inB 
afFedtio duarum virtutumB A,BKJ vnica exillisBI: Dico DF 
virtutcmapplicatam in F fccundiim dirccStioncm DF, &BI vi;- 
tutcm oppofitam in B, cffc qnxfitas potciuias. 

Quoniam ACponiturvirtus totalis pyraniidisj fitque h^ec cx 
duabus virruribus AB, BC, librabirur AC duahus virtutibus 
contrarieiiicearibusB A, CB ^ pofita vidclicct affcctioncinpun- 
<5to A. Iccmque idcm grauclibrabitur ijTdcm virtutibus^ quam- 
quaiTi B A opcrctur in B, fcruata tamcn cadem dircdtionc . Eft vc- 
ro CB adEF, vtBF ad B A; ficrgoIocovirtutisCB operantis 
pcrpcndicularitcr in A^fubftiruarur virtusE F nitcnsperpendicu- 
laritcr in F; nihilominus grauc fiftctur virtutibus BA, EFi fcd 
virtusDFproducitduasvirtutcsEFjDE; quarum DE rcnititur 
cxjequo virtuti BK^ cum arqualcs illce fintintcrfe, &:incadcn:i 
rcdtalinea opcrantcss igitur pyramisfiftcrur virtutibus EF, DE 
affcdioneinF, vnacum virtutibusBK,B A affccftionc in B; hoc 
cft pyramis B H G JF librabitur duabus virtutibus D F^B Ijquod &c. 

^ PROR XXIV. PROB. XL 

GRauc ABD pcadcatimmotum cxduobus funiculis, ncmpe ¥1^.6. 
cxGXjCuialligatacfttrochlcaXHconucrtibilis circaccn- T^^-^- 
trum fuum X, & cx funiculo E Q^T S I H K L inflcxo primum circa 
trochlcam ZT paricti affixam , vcl fufpcnfam cx K conucrtibi- 
litcr circa ccntrum Z 3 indc circa altcram trochieam AX conti- 
nuato, &firmato furlum in L, Data vero M V grauicatc totali 
corporis fufpcnfij&MC pcrpcndiculo pcrccntriim giauitatisC 
tranfeuntc , volumus inucftigarc virtutcm in E trahcntis funiculi 
EQ^ fimilircrquc funiculi . LatcIIigaatur proju^li funiculi 
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L Kj E Q2 1 S 5 ita vt fibi mutud occur rant in punclis F, R . Cadct 
piuiduiii F iu funiculura XH producfium, nam cum dircdioncs 
viriumfuniculorumKLJS fiat LKF5SIF concurrrcotcs in F, 
ncccflccft vtpcrcundcm concurfiimFjtranfcatdircAio XG vir- 
tutis librantis iilas vircs; idem dic detribus lincis ISR , EQR, 
ZTR; ncmpcRforcillarumcommuncmconcurfuin. Nuncquia 
virtutcsfuniculorum E QJ S, K L librant virtutcm M V totalcm 
corporis; virtus qua? fitcxduabus funiculortim KL, IS, vnacum 
virtutc funiculi BQ^fiftcut idcm grauc ABD, hoccft librabunt 
virtu tcm M V ; quarc trcs dircdioncs G F X , C V M , E Qji pro- 
ducanturcoibunt iiicodcmpun(fto,putaM,- dcindcfiapundoV 
liucatur VR parallclaGM,'<&: VO paralldaEM ; crunt virtutcs 
OM , FM, M V iotcr fc libratx (nam virtus M V fit cx duabu^ 
M 0>1 F/aimqucyirtus F Milla fit , quam cxcrcct funiculus E Q 
iuE^^&OMilla, quamcxcrcctfunicuIusGX inGjConftac, quod 
iaccrc propoliumus . 

SCHOLIVM. 
Plurima huiufmodi Thcorcmata adijci polTcnt^ fcd omittimus^ 
KC prolixitatc ciufdcm niatcriar tasdium afFcramus . Vcrum cx 
Ai&is hadtcnusputo pcritis mcchanicorum facilcm futuram ui- 
iufcunxquc fcrmc probkmatis iiicchanici folutioncm. 
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DEFINITIO. 
LL A vis, quam habct pcnduliim cxtra pcrpcndf- 
cuhim pofitum , vt in de inftituat vibratioiicm 
libcrum abomniobijcCj dicatur naturalis pcnduli? 
virtus in co ftaru manciitrs. 

AXIOMA. 



Sipcndulum cxtra pcrpcndiculumponarur ; ibiquc dctincattfir 
ab ahqua potentia pcrpcndicularitcr apphcara longitudini ciuf- 
dcmpcnduli, quce ccntrum grauitatis fufpcnfr corporis fpecitct: 
Huiufmodi potcntia fic librans p.cnduhim «quatur yirtuti naturali 



ciufdcm pcnduli. 

Sit cx.gr. penduhim AC cxtra pcrpcndiculum AB , potcnna fi^,j^ 
vcro C D perpendiculari^longitudini A Cduda cxccntro^corpo- TAb,^ 
ris C librct idcm pcndulum A C ; accipimiis tanqua pcr fc notum^ 
clTc C D mcnfuram virtutisnaturahs^quam fupra dcfiniuimus.. 

PROP. L THEOR. L 

SIT pcnduhim C D cfficicnscum pcrpcndicuIoC E quemnbct 
acutum anguliun D CE, duda horizontaH DE r dico vim ^'^^'^ 
funiculi C D in illo ftatu ad virtutcm totalcm grauis D > quancm- 
pc libcrum ab omni vinculo dcfccndcrcr, cflcvt pcrpendiculum 
CE ad longitudincm fih CD 5 vimvcro naturalcm pcnduli CD 
ad tot alcm didam virtutcm forc , vt cft horizontalis linca E D ad 
prardidam longitudincm penduli 

Ducatur C B pcrpcndicularis xcCXx D C, occnrrcns D B paraU 
lcl« ipliCE in B5& complcatur rcdangulum B AD C^ iam fi 
iungatur DB5 ha?ccrit virtus libransmobilcD affcdum duabus 
virtntibusCDjD A; quarepofitaDB^vtviruitc totahgrauisD» 
conftatcfTeCD virtutcm naturalempcndiiliCD inilloftatu^ac 
D A virtmcm qux librat potcntiam naturalcm pcnduh CD, cx 
quibuS;, &obfimiiitudincratrianguloruzn BCD5 CED roanifc- 
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ftum cft virtutem funiculi CD ad victutcm totalcm grauis D, 
ncmpc CD adDB eflc vc CE adCD; paritcrquc virtutcm na- 
turalcmpenduliCDad virtutcmtotalcmgrauis, hpccft vt A D, 
fiuc BC ad DB, ita cffc BE ad DC, quod &c. 

SCHOLIVM. 
Manifcftum cft pofTc coiifiderari longitudincs pcndulorum ^ 
ciiam inflcxibilcs^nccproptcrcadeficicnscritallata dcmonftratio. 
DEFINITIO II. 
Pcndulum, cuius longitudo inficxibilis fit , fi ita concipiatur , vt 
pundtum circa quod conucrtitur fit in aliquo fubiciHo plano , cor- 
porc in fublimi mancntc, inucrfum dicctur . 

AXIOMA II. 

Itaquc fifucritpcndulum inuerfum , ac inclinatum ad horizon- 
tcm^ ibidcmque iporcntiaperpcndiculari, vtdiximus ^Ubretur 5 
hxc potcntia crit mcnfiira vittucis naturalis ciufdcm pcnduh fic 
inclinati. 

PROP. II. THEOR. II. 

57^.4, r> IT pcnduhnn inucrfum , & inclinatum , cuius longitudo fit 
TAh,^. ^ DEj&pondus, pyramisABCD habcns ccntrum grauitatis 
in E, verticcm vcro nitcntcm fiipra horizontcm F D in D, & duca- 
turperpcndiculum EF; dico, vc in prioribuspcndulis, virtuccm 
quanititurlongicudoED infolunij advircuccm totalempyrami- 
dis^cffejVtpcrpcndiculumEF ad longitudincmED; &virtutcm 
naturalcmciufdcminucrfipcnduh cfle ad virtutem totalcm , hoc 
cft ad orauitatcm pyramidis, vt cft horizontalis F D ad prxdictam 
pcnduli longitudmcm . 

Demonftratio fimilis cft illi, quani inpendulis primi gcncris 
tttuhmus . 

COROLLARIVM. 

Hincdcducitur quaartcpoflimus vcftigarcvirtutcm , quacor- 
pus quodlibet fuper planum ad horizontcm inclinatum rocatio- 
ncm fuam inftituerct; itcmqua vircute prcmerct idcm planuni. 
Nam pofliimus corpus illud imaginari pendulum quoddam , cuius 
longitudo fit linea cadcns a ccntro grauicatis pcrpcndicularitcr 
fupcr axcm rotationis . 

Verum quia funt nonnulla corpora, qua! dum fupcr plana incli- 
nacadcfccndunc^non rotancur,fcdlabuntttr,videndum cft^ quare 
hoc,&quandoaccidat. * Prop- 
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Propterrafit planum ABinclmatumadhonzontcm B, &:fupcr 
ipfumplanumcorpus oblongum, aciaccnsDECi quod contin- Fii,^. 
gatplanumfccundiimfupcrficicm DC. Ccntrumgrauitatis ciuf- ^^-4- 
dcm corporis fir E, & ab co ducacur pcrpcndiculum E G, qu3B linca 
ponatur mctiri virtutcm totalcm ciufdcm corporis ; dcfcripto 
itaquc fupcr candcm EG fcmicirculo G FE,ducatur G F parallcU 
longitudini plani A B,& iungatur F E, quar cum fit pcrpcndicularis 
ipfiG F,critquoqucpcrpcndicuIaris ad planum inclinatum AB. 
His pofitis, virtus G E fit cx duabus G F, F E ; quarum G F impcllit 
mobilc fccundum dircAioncmparallcIam A B i & F E agit mobilc 
pcrpcndicularitcr in planum AB. Itaquc fi fupcrficics con- 
tingcntcslfuiffima? fupponantur, putonullopadtovirtutcm FE^ 
quamuis maximam, prohibituram , quinomnimoda virtutcGF 
grauc labatur ; at contra fi ipfic fupcrficics afpcrse fint, potcrit 
arauc rctincrijlicct virtus G F maxima fit, ctcnim opcrintc virtutc 
F Ejadcoinfinuanturinuiccminafqualitatcsillac, vtnifi abradan- 
tur a vchcmcnti nifu virtutis GF mobilc nullomodo dcfccndcrc 
poflit. 

Scd rcdcamus ad inflitutum . Galilari affiimptum cft , quod 
ccmpora vibrationum pcndulorura , quorum funt longitudincs 
inacqualcs, fint in lubduplicata rationc longitudinum . Nititur 
autcm cxpcrimcntOj quod ipfcmct cdidit , ncmpc vibrationcs 
cuifdcm pcnduli, licct ina?qualcs fint, codcm tcmporc abfolui. 
At cgoaflcrtioncmillamfalfam dcmonftroi cx quo fcquitur cx- 
pcrimcntum quoquc, cui nititur, cffc fallax. Fatcor tamcn mc 
non fincquadam animidifpliccntia, viri clariffimi audloritati , & 
communitcr rcccptx opinioni , quo ad hoc, aducrfari . Quamob- 
rc m gratias hahcbo fi quis fallaciam apcrucrit , cum nihil mihi, 
& ftudiofocuilibctgratiuscffcdcbcat vcritatc. Oftcndani igitur 
tcmpora vibrationum fimilium duorum pcndulorum cfTc mtcr 
lc vt corum longitudincs ; minime vcro in fubduplicata racionc 
illarum . 

PETITIO II. 
Poffcnos alfignare eorpus quodda m , cuius grauitas fpecifica ad 
illam altcrius corporis fc habcat, vt aliquaquantitasadaliam. 

SVP. II. ^ 

Ponimus vnumquodquc mobilc fcmcl motum fcruarc fcmpcr 
cUndcm vclocitatis gradum , nullo aducnicntc impcdimcnto i 

D Quod 
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Quod fi rurfu^ alio ad caiidcm partcin impulfu pcllatur atSci^priori 
vi^cncc^ Qouo vclocitatis gradu; acquc adco duobus fimul fam 
gradibus moucri ; & quaiiquam ab acris mcdio cncructur, ac tan- 
dcmcxtinguatur vis illamobili imprcffa, tamcn in hac rc libct 
abftrahcrc ab hoc impedimcnto , quippc ad modicum tcmporis 
ita parum obcft, vt pcrindc fit ac fi in vacuo opcrarcmur. 

Hoc pofito nonfuit ditlicile nonnuilisauthoribus oftcndcrc, cur 
grauc in prxccps dcmiflum ad Mundiccntrum propcrct, ita ncc, 
nobis arduum crit dcmonftrarc^ angulum incidcnti^ a:quarian-. 
gulo rcficxionis. 

Sit ex. gr. Pila A iaccns in quodam plano hor izontali, qu^ inci- 
dcnsinpundumCparictis BE.dircdionc AC, rcflcdarur pcr 
CD; dico angulum D C E xqualcm cffe angulQ AGB. Non-i» 
confidcramus°grauitatcm corporis A ( cft cnim ioxzcns in plano 
horizontali ; fcrctur igicirr pila ajquabili motu pcr lincam A C^5c 
pofitaACmcnfura virtutis^quaiaeitur pilaj producccur h^c cx 
duabusvirtutibusjpcrpcndiculari ncmpc ABj&horizontaliBC^ 
Ycrumquiapilacodcm pcrpcndiculari impctu AB, quo pctitpa- 
rictcm in C codcm reucrtitur ( ctcnim altcrum falccm corpus 
pcrcuticns^vcl percuflumnon fupponicur omninodurum, fedali- 
quantifperccdcnsj&incundemfeftatum rcfticuens poft pcrcuf- 
fioncm) &fimiIitcrhorizonta!is vircusBC cadcmvigcc ctiam in 
rcflcxiones hincfit vt codcmtcmporc, i;fdcmq> virturibus^acdi- 
rcdtronibus affeita ^ licct incontrariam partcm fcratur, dclcribac 
ipfa pila lincam rcflcxionis «qualem linc^e incidcncia?, ac x<\wh 
inclinatam ad parictem, vt cft iUa incidcntice . 

Vidcscrgohincdcmonftratumj quodplurcs ncquidquam hac- 
tcnustcntaucruntj fcdacccdamusadafrumptum* 

LEMMA L 

fig> 8. pcnduhu-n A G ^ cui fit appenfum pondusG r dico coiarL^ 
Tai^. tcmporceandcm vibratioiicm pcragi ,ac fi iococorporisG alliga^ 
tum fuiflet pondusB^ minus quidcm molc^fcd fpccic priori fqualc. 

Sificripoccft maieri^ vclminori tcmporc conficiacur vibracia 
pcnduli AG^quamipfius A Bi & primum minus cxigat tcmpus, 
hoc cft vclockis feracur pcnduluin AG obmaiorcm grauitaccm 
pondcris G^ ficrgo cx vclociore pcndulo A G, &: pcndub AB 
tardiori vnicum coucipiacur A GB^hoc pcndulum fic compoficum 
fcgnxoricurfiivibrabicur^ quamantcafii^pIcXy propccradncxam 

moram 
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moram pendiili tardioris , crgo acccflioiic graiiitatis , & pondcris 
fict tardiiis.qiiodcftcontrahypothcfim. Itaquc adinittatur alia 
pofitioi fitquerationcmaioris pondcris fcgnior vibratiopcndiili 
AG,quam fitilla pmduli AB; crgo pcndulum cx duobus pon- 
dcribusG,B compofuum vclocius fcrctur proptcr adncxum fti. 
nnilum pondcrisB vclocioris; & itaaccc/fioncpondcris fict vclo- 
cius . Qiiod fimilitcr cft contrahypothcfim : pari igitiir vclocitatc 
fcruntur , quod ^c. 

LEMMA ir. 

SintduopcnduIaBA,DC a?quiangula cum pcrpcndiculis B F, ^:^^ 
DE5 &corpus AadcorpusCfitfpccic, vtlongitudo BA ad lon- Tir^.j. 
gitudincmDC: dicocodcm tcmporc vtranquc fcmiuibrationcm 
abfolui. 

ScccturBDcpqualisDC. Quia vclocitas in A ad velocitatcm 
inD, duin ncmpc pcnduhim incipit moucri, cft vt AB adBDi 
virtus ctiam naturalis penduli in A ad virtutem naturalem in D 
(concipiturcnim BD pcndnlum quoddam; crit vt A B ad BD, 
feu adDC; cftautem vt ABadDC^itagrauitas fpccificacorpo^ 
rrs A ad graujtatem fpccificam corporis C , hoc eft , cum pendula 
fmt ^equiangula, vt virtus naturalis pcndul i B A ad virtutcm natu- 
rakm pcnduli D C ; crgo vt virtus naturalis penduli B A ad virtu- 
tcm naturalem inD, itavirtus naturaliseiufdempenduli BA ad 
virtutem naturalcm pcnduli D C , propterea virtutes naturales in 
Dj&pcnduIiDC eruntcequalcs, funtquc anguIiC D E , DBG^ 
itcm longitudincs D C, B D inter fe a:qua!cs 3 crgo codem tcmporc 
vibrabitur pund:um C perarcumDG, acpcnduIumDC perar- 
cum ^qualem CE, (nam ficpenduIaDCjB D patiunttir iifdem- 
iftantibustemporisfimiliadecrementa,velincremcnta virtutum)- 
atabfoluiturfcmiuibratio AF eodcm tcmporc, ac fcmiuibratio 
DG 5 cr^^o ctiam codem temporc penduIumBA vibrabitur pet 
arcum A^H^acpcndulumDCperarcumCEj quod&c. \ 
LEMMA III. 

Mobilc I percurrat fpatium lO virtutc V temporc AB, indc 
tranfcatabOinP virtutcX^tcmporeBC^&aPinQferatur vir. f]f; 
tutc Zjtcmporc CD : paritcrquc mobile K pcrcurrat fpatium 
KLvirtutcRjtcmporcEF; dcindc fcratur per fpatium L M vrr^ 
tutcS^tcmporcFGj &demumabM iuN fcratur virtutcT,tcm- 
porc G H 3 fintquc pr^tcrca fpatia I O, O P, P Qdcinccps ^cqualia 

D 2 fpatijs 
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fpatijs KL,LM,MN, & virtiis V ad R fit vt XadS, & ZadT 
dico tcmpus AD adtcmpiisEH cflc rcciprocc vtcftvirtiis R ad 
virtutcm V. 

Quia mobilialjK pcrcurrunt fpatia^qualia lO, KL tcmpori- 
bus ABjEFjVirtutibufqucVjR i crit rcciprocc virtus V ad R, vt 
^J-'^' tcmpusEFadtcmpus AB,- fimilitcrquia virtutcX ^tcmporeBC 
^^^^^''pcragiturfpatiumOP afqualc fpatioKL, quod ncmpc curritur 
(?4/. abaltcromobili virtutcRjtcmporc EFj crit rcciprocc virtus X 
ad S, vt tcmpus F G ad B C ; cft autcm X ad S, fcu V ad R , vt tcm - 
pus E F ad iiB i crgo vt F G ad B C, ita E F ad A B, & componcnda 
EGadACjVt EFad AB. Tandcm qiiia ctiam virtus Zadvirtu- 
tcm T,cft rcciproce vt tcmpus G H ad tcmpus C D ; & cfl Z ad T 
vtVadR, fcu vt tcmpusEF adtcmpus AB, vidclicct vt EG ad 
ACi critGH adCD>vtEG ad AC; &componcndo totunx-» 
tcmpusEHad totum tcmpus AD, crit vttcmpusGHadtcmpus 
C D ; fiuc vt virtusZ ad T, hoc cft vt V ad R , quod &c. 

SCHOLIVM. 
Hincaccipimus, fifpatiaKNjIQjntcrfca^qualiajConcipiantur 
fubdiuiia in partcs , fingulas minorcs qiialibct propofita magnitu- 
dinc ; ipfifqucpartibusrcfpondcant totidcm virtutcs^^ac tcmpora, 
quibusperagUnturamobilibus didta fpatioLi; accipmxus inquaiu 
tcmpus E H ad A D cftc rcciproccj vt virtus V ad R 
LEMMA IV^ 

. Sint duo pendula G F, B E longicudinc arqiialia , & jrqiiiangula 
7"^^,^' cumpcrpcndicuIisFHjEDi fpccic vcro corpus G non fit *equi 
grauc accorpus B: dico fcmi.iibrationis tcmpus pcnduli G F ad 
tcmpusfcmiuibrationispcnduHEB cflercciproce, vt cft grauitas 
Ipccifica vniuscorporis ad fpccificam altcrius. 

Sccctur bifariamaraisGHinl,- &:rurfusbifariamarciTsIH ir> 
L; & ficdcinccps^quoadLH minor fit prapofita qHacunquc ma- 
gnitudinc C^, & notcniur in arcu G OI L H rcliqu;r partcs fingula? 
«qualcsparti LH; caedcm criam partes notc.itur in alio aequali 
arcuBN KMD; itaq,cruiit BN^NK, KMj M D^nonforumintcr 
ic apqualcsjfcdctiam dcinccps ipfis GO^OIjILjLH, cumquc 
ifirtusin E advirtutcm inGjfcupriinusgradusvcIocitatisinB ad 
primum gradum vclocitatis in G/c habcat vt gradu^ in N (quicua- 
qucfitj ad gradum in O (nam cumarcus B N, GO fintsequalcs, 
crunt ctiamincadcminclinaiionc ipfapcndula pcrdu^i^a in Nj&: 
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O ; 5 vcrum vt virtus in B ad virtutcm in G , ita grauitas fpccifica 
corporisBadgrauitatcmfpccificam corporisG; crgo vtgrauitas 
fpccifica corporis Badgrauitatcmfpccificamcorporis G^itagra- 
dus vclocitatis in N ad gradum vclocitatis in O , fcu virtus in N ad 
virtufcm inO; fimili rationcprobaucris fingulas virtutcs inrcli- 
quis pundtis M, &:c. ad fingulas virtutcs in corrcfpondcnti- 
bus pu ndtis I, H &:c. cffc^vt cft cadcm grauitas fpccifica corporis 
B adgrauitatcm fpccificam corporis G ; proptcrcaquccfTcintcrfc 
proportionalcj; fwntqucitcmfpatia, quappcrcurrimturipfis virtu- 
tibus, arcus ncmpc B N, N K, K M, M D &c. arqualcs arcubus, fiuc 
fpatijs G 0,OI,IL,LH&€. crgotcmpusfcmiuibrationisGH ad Ltm.-^. 
tcmpus fcmiuibrationisBDjCrit vt grauitas fpccifica ^orporis 
ad grauitatcm fpccificam corporis G, quod&c. 

PROP. m THEOR. IIL 

S\ fucrint duo pcndula sequc inclintta , & corum corpora fuf- f ig, 4^ 
pcnfa «qucgrauiafpccic; tcmporavibrationumcrunthamo-T^^.J* 
lo^^e , vt pcndulorum longitudincs . 

%intduopcndulaAImaius, &:BEmrnus; angult vcro CM, 
DEB cum pcrpcndiculis «qualcs: dicotcmpus vibratronis pcn- 
duli I A ad tcmpus vibrationis pcnduli E B cffc vt L^ ad E B . 

Intclli^atur pcnduIumF G arquiangulum , & a-quclongum , ae 
pcnd ulum E B i pra?tcrca fit vt longitudo A I ad G F , ita grauiras- 
fpccificacorporis A adillam fpccificam corporis G . 

Componitur tcmpus fcmiuibrationis pcnduli A I ad femiuibra- 
tionis tcmpus pcnduliBE, cx raiionc tcmporispcnduli I A^ ad 
tcmpuspcnduliFG,&cx rationc tcmporis pcnduliFG ad ratio- 
ncm tcmporis pcnduli B E ; cft autcm tcmpns pcnduli G F sequalc Um it. 
tcmporipcnduHAI; crgo tcmpusj quo abfoluitur fcmiuibratio 
AIadtcmpus,quopcrficiturfcmiuibratiopcnduliBE cft vttcm- 
pus GF ad tcmpus pcnduli BEj vcrum tcmpus pcnduli GF 
ad tcmpus pcndiili BE cft . rcciprocc vt grauitas fpccifici^ 
corporisBjhoc eftcorporis A ad fpccificam grautratcm cocporis 
G, ncmpc vt linca A I ^d G F, fcu B E ; crgo (c.niuibratix^ncs^ fimi- 
lcs pcndulorum I A, E B abfoluuntur tcmporibus homologc cum 
longitudinibus pcndulorum proportionalibus,- fcd cum tcmpora 
rcliquanuiifcraiuibrationumfincincadcm rationc eum tcmpori- 
^ bm 



^ ^ ^De Feniiiilis . 

busprioriimfemhiibratiomim,- patcc & intcgras vibrationcs cfTc 
in cadciir rationc longitiidinum pctidulorum , 
SCHOLIVM. 
Noncritim*ucundum fcirc cur vibrationcs ciufdcmpcnduli in 
afccnfu nonnilnl dcficiant, coquc dcfcClu in fingulis vibrationibus 
rcpctito paulatim minorcs ,& minorcsfiant, doncc languclcant, 
atqucvltimocuancfcant . Mobilcinfuodcfccnfu acquirit fucccf- 
fiuc^^radus vclocitatisdiuerfos rcfpondentcs virtutibus naturali- 
buSj^ui tamcn non in-codcm vigorc pcrfcucrant , fcd vnufquifquc 
dccrcfcit fingulisinftantibusincadcm fcmpcr rationc dcfcduum. 
Ex quofit vt pcndulum miaimcquicfcat infuopcrpcndiculo, vr- 
gcntibusvidclicct gradibus in dcfcenfti acquifitis, diminutis qui* 
dcm vtdiximusjfcdnondumconfumptis. Hinc rcliquam fcmi- 
uibrationcm conficit , fcd minorcm , quia in afccnfu virtutcs 
naturalcs contraria? porcntiorcs funt gradibus illis in dcfccnfu 
acquifitis jquippcimminutis . Cartcrum fi intcgri pcrfcucrarcnt , 
puonarcntcx^quofinguli cum virtutibus naturalibus contrarijs 
tc/po:idcntibus , cflctqucnon minor afccnfus, quam dcfccnfus . 
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ET PRIMVM D£ VASIS; 
rRACTArVS rERTlVS. 

DEFINITIONES. 
I Rima. SolidiimiIIiidquodfitexcadentcaqii9,dum 
adhuc eft in aere Cadentem voco, 
Secunda . Si ipfam cadentem imaginemiir rcfec« 
^ tam plano horizonti parallelo, eam fcaioncm^ 
g^,5H5^3J cadcntis fcAionem appellabimus. 
TertiaT Illa verocadentisportio interinitiumcadentis^ciufq; 
aliam fe^aionem, cadentis truncus dicetur. 

PETITIONES. 
Prima. Vt poffimus in quolibet vafeperforato feruarcaquaai 
in quacumquc ahitudine, beneficio canalis influentis. 

Sccunda . Vt poffimuscuiufcumquccadentispropofita?,quenv 
uis rruncum determinarc. . 

Tertia. Pofle affignari vas , cnms cauitas fit cuilibet cadcntit 
trunco firailisi &: hoc ipfum vas pofle conferuari plcnum aqua. 
SVPPOSITIONES. 
Prima. Amplitudoluminis,feu foraminis in bafe vafis, nolu- 
mus in pr:efens vt cxccdat magnitudinem cuiufcunquefedionis 
ciufdem vafis, codem pado ibi conceptsc ac in cadentc. 

Secunda. Duarum cadcntium cequc abearuminitiis rcmota* 
fediones, etiam a:que veloces fupponimus. 

Tcrna. VeIocitatesduarumfet5tionuni ciufdem cadentis funt 
homolog^ in fubduplicataratione altitudinum acadcntis iniiio| 
funtenim fingute aqu^partes quemadmodum corpora libercca- 

^^Qiurta. Si in duobns vafis,aqua»qualem feruet ahitudincn* 
crunt.vclQciutesexJuminibus^qualcs. 

Quinta. luxta peticionem tertiamfuppono aercm mltarvaiil 
conformari> & ambire aquampcr ipfumdcfccndcnccm . 



^2 De Jqnis 

LEMMA 1. 

Siin vafc pcrforaco aqiiijbcncficio influcntis canalis ^in cidcin 
altitiidincpcrfcucrctjquantum aqu3eingcritur,cancundcm codcm 
icmporc cfflncc . 

Nam fi plus aquar iramittitur, quam qu» codcm ccmporc cx 
vafc dcfluiCjprogrcffuccmporis vas rcdundabitj Si vcr4 minus, 
dcficicc. Vcrunquc cft concra hypothcfim^crgo &:c, 

LEMMA IL 

Eflo vas ABi cadcncis truncus EF ciufdcm altitudiais ;aqua 
//^.i. qtiseabhaccadcntccffunditur, ficimplcacvas illud, vt nccrcdun- 
7 dcc, ncc dcficiat : dico magnitudincm, fcu fcdioncm luminis 

xqualcm, & «quc vcloccm cflc , ac cft fcAio F crunci F E . 
fit, 3. InccIIigacur vas CD, in quoaquapcrfcucrcc incadcm fcilicct 
alticudinc, ac vafis, & cadcntis propofit^ . Eius cauitas fit prorfus 
fimilis, & sequalis trunco cadcntis EF^ critq; fccftio luminisD 
scqualiSj&arqucvcIoxfcdioniFi quarccadcm aqua! quanticas, 
quam cgcrit fcd;io D codcm ccmporc cranf^iit rctur a cadcncc E F . 
Quoniam vcro cadcns EF ipfa cft , qure fuppcdicac aquam vafi 
fcmpcr plcno A B ; cadcm propccrca aquac copia quns codcm ccm- 
JL^nv.i.poris fpatio cmittitur a cadcntc EF, dcflucc quoquc cx luminis 
fcdlioncB; hxcicaqucfcdio cancundcm aquje cxhauricc, quan- 
tumcodcmtcmporc fc<aio & cum a^que altumfitvas CD ac 
truncuscadcntisEFjVidclicctquan^iAB vaSjCric vclocitasfcdio- 
nis B a?qualis vclocitati fcdionis D , & idco fcdtio quoquc luminis 
-r^A-.;. B^qualiscritfcdioniluminisDs atoftcnfum cft candcm fcdtio- 
y^'*^*'* ncmD aequalcmcflc magnitudinc, ac vcIocitatcfcdtioniF; crgo 
^ ' fcdtio luminis B «quc diftans ab A , quam ab E fc(3:io F, cric huic 
arqualiSjtummagnicudinCjCum vclocicacc, quod&:c. 

LEMMA m. 

Fig T. Sincduarumcadcntium A CjED fcdioncsC,D: dico vcloci- 
Tdy.e. tatcmfcdlionisC adillamfcdionisD cflcinfubduplicataracionc 

altitudinis AC ad altitudincm ED. 

Abfcindatur cx cadcntc AC truncusAB, cuiusaltitudo BA 
fff.i. aequalis fitaltitudiniED. Vclocitas inC adillaminB, fcu in D 

cft ii^ fubduplicata rationc alcicudinum AC ad AB,hoccft a4 
^^•^'DE,quod&c. 
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SI fiierint duo yafa vnicoluminc in bafibus pcrforata, fcmpcrq; 
plcni, crunc vclocitatcs aquarum cx luminibus cxcuntium 
in fubduplicata rationc altitudinum vaforum, 

Sint vafa ABjHI, quorumluminaB,!, cadcnsDE fuppcditct *• 
aquam vafi AB, &cadcns GF vafi HI, itavt plcna fcmpcr fint * * 
abfquc co quod rcdundcnt: dico vclocitatcm flucntis aquar cxB 
ad vclocitatcm cxl , forc infubduplicata rationc altitudinis vafis 
A B ad altitudincm vafis HI. 

Sccctur truncusEDsequcaltuSjac vas AB. Itcm fiat truncus 
GF in cadcm altitudinc, inqua cfl: altcrum vas HI,- crunt iam^^'^'^* 
fcdlioncsBjD ajqualesj&arque vcloccs; cadcm prorfus rationc 
icqualcSj&ajquc vcloccscrunt fccflioncsl, F; cft igitur velocitas 
pcrBadvcIocitatcmpcrD, vtillapcrl adillampcrF, &pcrmu- 
tando vt vclocitas pcr B ad vclocitatcm pcr I , fic illa pcr D ad cam 
perFj fcd vclocitas pcr D ad illam pcr F, cft in fubduplicatiu^ U w.g. 
rationc altitudinis ED ad G F, fcu altirudinis vafis AB ad illam 
vafis HI,- crgo inhaccadcm rationc fubduplicata cric vclocita* 
per B ad vclocitatcm pcr I, quod&c. 

SCHOLIVM. 
Hanc propofitioncm arduam, &perutilcm, cartcri vt priuci- 
pium luppoiuint, nos vero dcmonftrauimus. 

Porcrit fortaflc quis dubitarc^an aqua, qUc-e cft in vafc^ vniucrfi. 
moucatur dum crumpit ex aliquo foraminc 3 vcl tantiim cylin- 
drulusillcaqucus dcfccndat qui foramini incumbit, quippc carcns 
vcluti bafis fulcimcnto quo fuftincatur . Qijia vcro in hac fccunda 
icntcntia funt audtorcs nonnulli Ballianusj P. dc Cli^ilcs &c. libuic 
hoc in loco paululum immorari , Expcricntiam affcram a mc^ 
plurics diligcntiffime rcpctitam. Cadum oblongum in bafi pcr- 
toratumjforamincftuppaobftrudo, aqnaimplcui. Supcrficicm 
ciufdcmaquaflcuitcratramcntoinfcci ; pcrmiftbq^exitu, optima 
in lucc obfcruaui, numpoft dcfcenfum cyhndruli pra*di(tti aqua 
nigrcfccret^quodacccflariumcrat inillafcntcntia. At nulla,nc 
lcuis quidcm macula, vnquam vifa cft, doncc atramcntum vni 
cum hbclla dcfccndcns imas vafis partcs obtinuic. Hinc ccnfco 
aquam illam prius crumpcrc qua? cft in imo , &:poftrcmo illam 

E qua? 



I)e Aquis 

4|iiaf cftiiifiimmitate; Rcihuius caufam ficcxplico, Si va$ plc- 
numaqua, fcupotuis aquacontcnta vafc rucrct fuo plcno iurc^ 
omncs ciufdcmaquaepartcs icqui vclocitcr^ &fua fpontc tcndc» 
rcntadMundiccntrumjnccvlIo modopartcs fubic<a:.se a fupcrio- 
ribus prcmcrcntur, fcd tantum Icui contactu fibi coha^rcrcnt, 
Contradumcadcm aqua immobilitcr vas occupat, vnaquajquc^ 
partium fubicdarum prcmitur a fupcrioribus dcfupcr omnimodi 
fuagrauitatcinfiftcntibus; qua prcflionc dilatarctur,atquc cxpli- 
carcturaquajnifialatcribusvafiscocrccrctur. Illud quoquc ma- 
nifcftum puto, quod fi cadcm aqua ncc pcnitus quicfcar^ncc libcrc 
omnino deorfum fcratur , pro rationc maioris , vcl minoris motus 
dcbcrcctiampartcsfubicd:as magis^ vcl minus prcmi ab incum- 
bcntibus . His pofitis fi concipiamus aquam cx aliquo quicfccntt 
vafe crumpcrc.foraminc fub bafi conflituto , non cft dubium quia 
primoinftanticylindrus aquse foramini infiftcns nitatur dcfccn- 
derc; itaqucnihiljvclfaltcmminus virium habcbit vt latcralitcr 
nitatur^quam habcat contra cundcm cylindrum circumiccfta aqua^ 
quippc quse dcfccnfu prohibita, totumfuum conatum latcralitcr 
cxcrcet^ Vcriim quia legcs c-^quilibrij non admitrmit in fluido 
banc momcntorum inafquaHratem^ vt vircs proindc ajqucntur^ 
ncceftc cftjfadto vcluti quodam tcmpcranicnto, vniucrfam aquam 
fimul dcfccndcrc, co momcnro quod habuiffct illc cylindrus fi li- 
bcre onmiao ruiffct • 
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/-t IT vas ADMI plcnum aqui vfquc ad libcllam ABCD ; & 
rl^l* pcruiumforamincKL; acccptomodo hocforaminc vt bafi, 
intclligatur cylindrus ercdtus KBCL; & dctur quxlibct fc^aio 
EFGHjhorizonti ajquidiftans: dico cftc idcm momcntum totius 
aqua? ADMI in dcfccnfu apcrto foraminc KL ^ ac illud folius 
aqua^ BCLK fi fcorfim flucrcc cx aliquo canali BL. 

Diximus fcdtioncBCfuo momcnto rapcrcfcdioncm AD^qiiare 
vircusipfiasBCcxpanditur ( cxBorclIi; dodirina dc vi pcrcuffio- 
?r.29. nis) pcrviuucrfamfcaioncm AD^ proptcrcaquc crit rcciproci 
BortL vcIocitasipfiusBCad vclocitatem fcdtionisAD, vtfcdtio A D ad 
""'f fectioncm CRi fcd in loco lcrtionum didarum intclhguntur 
Tonis '^ illie partcs aquar ^ qtwe ipfas fc^ioncs occupanc ^ ergo mo- 
^ r . * - - . mcutuin 



jmentiim fccftionis:» fciiaqua? AD momcnto fc^Aioriis, fcuaqutf 
BC cft a:quale: idcm dic dc fcd^ionibusEHjFG ; &c dcnnim dc 
omnibus componcnribus vniucrfam aqciam vafis, & tubi B C L K ; 
<juare momcntum omnium fcdlionum aquce vafis a?qualc crit 
momcntoom^niiuri fc<ilionumaquc: tubi BL; hoccft momentum 
vniucria? aqu;e vafis , ajqualc momento aqua? cylindrici incum- 
bcntis foraminiKL,filia:ctamcn iii tubulo fcpofitodefccndcrct, 
quod &CC. 

Scd quia aliquis poffct obijccrc, non ritc applicari illam Borcllij 
propofirioncm in pra?fcnrimatcria ^quipp^quodillic agarur dc^ 
4orporibus fcinuiccmpcrcurienribus ; hic vcrodcillis, quorum 
akcrum rapit aliud latisfacicndum cft illi alia circa idcm dc- 
monftrationc,- fcd tamcnfcicndum cft^attcntisprincipijs ciufdciu 
ingcnijdc vi pcrcuflionis , ad huncquoquccafum aptari polfc illim 
vcritatcm. Mancntibus ijfdcm , quia vafis fcmpcr pleniscadcm 
quantiras aqu^efundiruravafc ADMI apcrroofculoKL, acco- 
dcmrcmporcatubo BCLKi cademaqua qua? rraufir perfc<fkio- 
ccm FG tranfibit pcr fccftioncm EH; quarcrurfus vt vclocitas 
pcr F G ad vclocitatcm pcr E H , ita rcciprocc fectio E H ad fcdlio- 
ncmFGj&proptcreaidcm momcntum vtriufque fcctioius crit; 
fcd cum idcm dicatur dc omnibus alijs poffibilibus fcAionibus; 
liquctj ob artificium indiuifibilium Cauallcrij, cffc momcntuni 
totius aquas vafis, cui patcat ofculum K L, cequalc momcnto aqua: 
B C L Kj ii hxc flucret fcorfim cx aliqua fiftula ciufdem altitudinis, 
&amplitudinis cylindrici BCL K, quod&c« 
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MOdo rcs poftuIatjVt oftcndamus^quomodo^ fifucrintduo Fif. 
vafacommunicantiadiuerfajfigur^rjac amphrudinis jaqua^^^' 
in ipfis quicfcar iii cadcm Iibella & hoc facicndum cft non vt 
conftcriJ^quodomnibusobuium cfttriracxpericntia^ fcd vt cdu- 
caniushHius fcicnti» principia, vcl data firmemus . 

Efto vas B A D C communicaus cum ipfo I H G K per vas D E 
FG ; apertis luniinibus DC^HG ; oftcndendum eft quare aqua 
ad libcllam ABI K pcrdufta in vno vafe^ ad candcm pcrtingac 
in altcro vafe, atquc ibi quicfcat, 

Ducantur apundis D^ CyH, G , pcrpcndicularcs adlibcllani^ 

E 2 AK, 
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A K, rcAac D L, C M, H G O, rcfcrantque rcdangiila D L M Q 
H NO G, cylindros bafibiis DC, H G infiftcntes , His conftrii- 
iftiSj fi in prioribiis vafis ( nondum intcllcdtis cylindris illis ) conci- 
pcrciTiuspoffcmoucriaquam,- cadcm quantitas qua; cxit pcr of- 
culum D Cj ingrcderctur aliud vas pcr ofculum H G codcm tcm- 
porc 5 quarc , iuxta dodtrinam Caftcllij , cffct rcciprocc vt fcdlio 
H G ad ipfam D C, ita vclocitas pcr D C ad vclocitatcm pcr H G ; 
quarc momcntum aquf fcdionis D C a?quale cft momcnto fc^itio- 
nisHG; fcdmomcntumaquaj vafis ABCD sequalccft momcnto 
aqua?vafiscylmdrici LDCM; itcm illud aqu;e vafis IHGK cft 
iequale momcnto aqua? vafis cylindrici N H G O; & vt momcntum 
aquce vafis L D C M , ad momcntum aqux vafis N H G O , ita mo- 
mcntumaqujcfcdionis DC ad momcntum aquae fcdionisHG, 
( nam in vnoquoquc cylindro ipfr fcdioncs funt a?qualcs ) crga 
momcntum aqua: vafis A D C B momcnto aqux vafis I H G K cfi: 
aequalc, & proptcrca vcluti in irutina, pondcra illa aquaruni-.» 
in illo ftatu pcrmancbunt. 

Vidcs crgo quomodo liccat argumentari in prxfcnti matcria • 

PROP. IV. THEOR. IV. 

SED cumidcmvidcamus contingcrcctiamfi vafafint adhori- 
zontcminclinata; dcbcmus modo oftcndcrc, fi fucrint diio 
vafa cylindrica altcrum rcdtum, inclinatum aliud 5 fintquc al- 
5- titudincs corum ab horizontc a^qualcs , caqi vafa concipianiur- 
^^^•^•intcrfccommunicantia^vtdiximuSjScaquarcpIctaj momcntum 
aqua?vniuscffc aeqnalc momcnro nqux altcriiis vafis; quodcum 
prceftitcrimusj liccbit prreccdcntcm veritatcm applicarc quibuf- 
cunqucgcncribus vaforum. 

Sintcrgoduovafa cylindrict, rcAum vnum ABCD, & altc 
rumincIinatumKIHG ; fiiuqiplcnahumore, &pcrvas DEFG, 
luminibus DC, KG communicantia ; dcmonftrandum cft mo- 
nicntum aquar vafis ABCD cffc acqiialc momcnto aqua: altc- 
rlus vafisKIHG. 

ApundlisH^GdcducanturpcrpcndicuIarcs ad KI productam 
^biopuscft;fintqucHP,GL. Patct cylindricum IKGHforc_^ 
a^qualecylindricoMHGL; fiatGMxqualisipfi GL, &:crigan. 
tur apunais M, pcrpcndicularcs G O, M N ^ itaut rcaangulum 

NMGO 
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N M G O rcfcrat cylindricum pcrpcndiciilarcm , cuius bafis M 

fimilis G L. . j • - 

Momcntum aqu.T cylindriciplcni A BCD^ad illud cylindrici 
KIHG 5 componitur cx rationibus vclocitatum aquarum per 
fcc^tioncs, dum ifl,T poncrcniur in motu ^&pondcrum vrgcntium 
aducriusplanum DG; cft autcm ratio pondcrum compofita cx 
rationibus pondcrum aquarum A B C D^ad NOGM^&NOGM 
adaqu.T pondus cylindrici KIHG fupcr planum KG3 quod cft 
lequalc pondcri aquc-p NOGM ; ( nam momcntum totalc aquas 
KIHG5 fcu LPHG ad id quod cxcrcctur fupcr planum DG 
cxiftcntc inclinato cylindrico, cft vt H G ad G O, in qua rationc cft 
cylindricusLPHG,'fcu KIHG ad cylindricum MNOG)crgo 
pondus aquar cylindrici ABCD ad pondusaqUcT cylindrici KI 
HG in illa inclinationc, cft vt fcCtio^fcubafisDC adbafim^fcu 

fcitioncm MG. 

Dcindevclocitaspcr DC ad vclocitatcmpcr KG componitur 
cx rationibus vclocitatis pcr DC ad illam pcr MG5& huius ad 
illam pcr K G j vclocitas vcro pcr D C ad illam pcr M G cft vt fcc- 
tio M G ad ipfam D C 3 & illa pcr M G ad illam pcr K G , cft vc 
longitudo G O ad longitudincm G H , ( nam aqu.« in i!lis cylindri- 
cisafccnduntcodcmtcmporc illaslongitudincs, & proptcrca, yc 
/patia pcrcurfa aequabili motu , ita vclocitatcs mobilium ) s fitquc 
vclocitas GH cx duabus vebcitatibus GO, OH5 & OH hori- 
2ontalis non confidcratur in hoc cafu, quia agitur dc momcn- 
tisperpendicularitcr incumbcntibus horizonti; crgo rcftat G O 
vclocitas perpendicularis pcr cylindricum KIHG, qu» cft ca- 
dem ac illa pcr M N O G 5 & idco velocitas per M N O G ad vclo- 
citatcm pcr K O H G eft vt D C ad D C i itaquc vclocitas pcr D C 
ad vclocitatcmaqux pcrKG, cft pcrturbate, vt lcdtio MG ad 
D>Ci hoc cft vt rcciproce pondus aquos ONMG^feuKOHG 
horizonti incumbens ad pondus aquf A B C DiCrgo momcnta func 
f qualia ipfarum aquarum^idcoqj ad candcm altitudincm pcrmanc- 
bimtjtam in vafis inclinatis, quam in pcrpendicularibvis , quod &c. 

PROP. V. PROB. I. 

DAto vafc cylindricojvclprifmaticojprimumplcno, dcindc f^. 
ad minorcm altitudincui dcprcfsdaqua tcwporcaflignato, Tdi^. 



^8 T>e tAqms 

dcbcmus: inucnire tcmpus, quototum vas cxhauriatur.' 

Efto propofitum vas BGHC ; ^ a figno B , ob dcflucntena 
aquamcx himincK^dcfccndat tcmporcL aquarhbcllaadfignum 
E5 dcbemus vcftigarc, quotcmpore totum vas cxhauriatur. 

Rcpcriatur mcdia proportionalis G I intcr duas B G^G E rc(itas, 
& vt Bl ad BG, ita fiat L ad M : dico M cflc menfuram tcm- 
poris, quototalabitur aquacxIumincK. Intclligatur ADG fc- 
»iiparabola,cuiusaxisGEB; fcmiqucapplicat« AB, ED. Qiiia 
cx Torriccllio funt vclocitatcs aquarum in pundis B, E , &:c. vt fc- 
miapplicatx AB.DEvSdc, patet libcllam aqua? BC dcfccRdcrc 
contrariomodo^quograucinotunaturalitcraccelcratoi quarc fi 
ponaturtcmpusBG, quonempc alibcllaBC pcrcurritur totum 
fpatium BG; alibellaEF pcragetur fpatium EG tcmpore GI; 
itaquc rcliquumtempus BI fpedlataddcfccnfumlibcllaf B C pcr 
fpatium Bhi vcrum tcmpuspcr BE cft ipfum L, cftqucvtBlad 
BG, itaLadM; crgoM cft tempuspcr BG , quod&c. 

COROLLARIVM, 

Hinc fi fada fuiffct vt B I ad I G , ita L ad quartam aliam ,ha?C 
cffct mcnfura tcmporis quo libella E dcfccndiflcc vfquc ad 

PROP. VL THEOR. V. 

Slnt duo vafa icqucalta, arquaHter foraminibuspcruia, fedin- 
cTqualibus amplitudinibus , cylindrica tamen , vcl prifmatica 
* oftcndcndum eft, tempora quibus fiunt ambarum aquaruni^ 
emiffioncs elTc inter fc vt bafcs di<ftorum vaforum, 

Sintvafa ACjBD^quorumluminaC^D^.-equalia.&c^ctcra vt 
diximus ; dicotempora quibus dida vafa ficcantur clTc inter fc, 
vtbafcsdiaornmvaforum^hoc cft vtfcdiio AadB. Fiat vtfcdtio 
B ad A, ita reda F adH. _ 

Componiturvclocitasfcdionis A ad vclocitatcm fedionis B^ 
cxrationibusvelocitatum fcaionumAadC adD adBi vt vcro 
vcIocitqs AadC,itafe<aioCad A, vtquc vclocitasCadD, itaC 
adC (funtcnim^equcvcloccsCjD ) &vtveIocitasD adB, ita.^ 
fcdioBadD^fcuadC; crgo experturbata velocitas fcdionis A 
ad vclocitatcm fcdionis B crit vt B ad A . Sunt igitur duc^ libcllx 
A5B5 vdutiduograuia naturaliter cadcntia contrario modo; 3c 
pcrcurrnntaltittidiiicsajqualcSjhoccftfqualiAfpatia.vclocitatibiis 



F, H ab initio ; cx quo fit vt cadcm afqualia fpatia pcrcurrant tem- 
poribus pr.^didis , fcd vclocitatibus Aibduplis, motuqj sequabili ; 
vcrum cum duo mobilia motu jequabili , ac vclocitatibus ina?qua- 
libus currunt a?qualia fpatia, funt vclocitatcs intcr fc, vt rcciprocfc 
tcmporadidtorum mobilium in didlocurfu ; tcmpora igitur dc* 
fccnfuum fcdionum, fiuc libcllarum A^B funt vt dimidia* linca« 
rum H ad F, vcl vt tot^r, hoc cft vtfcdio A ad quod&c. 

PROP. Vir. THEOR. VI. 

DAtis duobus vafis prifmaticis, vcl cylindricis , quorum ampli- 
tudincssequalcs, itcmqucaltitudincs, luminavcro fint in- 
a?qualia : dico tcmpus quo cxhauritur vnum vas ad tcmpus quo 
alterum vasjcffcrcciprocc vtmagnitudo ad magnicudincm lumi- 
num . 

Sint vafaprorfus rtqualiaj Cylindrica, vel prifmatica AB^ CD^ 
Iximinumque fccTtioncs per qure dcfluunt aqua? fint B, D : dico 
tcmpusdccurfuum vfquc ad cxitum totius aqu« cffcintcrlc rc- 
ciprocc vt fcdiones foraminum B^D. 

Componitur vclocitas fcdionis A ad illam fcdionisC cx ra- 
tionibusveIocitatumfc<flionis A adBadDadC; fcd prima vclo- 
citatumratiocft vtfe(3:ieBad A; fccunda vt A ad A (funt cnim 
ijfdcm luminibusB^D altitudincs «quales & tcrtia vt C, fiuc 
AadD; crgo vt vclocitas fcdbonis A adillamfccflionis C^itafcc- 
tioforaminis B adillam foraminis D; fimt itaquc libcllie A, C, 
vt grauia naturalitcr dccrcfccntia, fi nempc ab imo in altum--i 
pcrpcndicularitcr iaciantur,- corumque primae vclocitatcs func 
B, D . Quarc i jfdcm tcmporibus , & mcdietatibus ipfarum veloci- 
tatumj pcrcurrentur, vt prius, motu tamcn ajquabilij fpatia sequa- 
liaj hoc cft altitudincs vaforum ^ fcd dum mobilia pcrcurrunt 
idcm fpatium motu acquabili tempora peripfumfunt in rcciproca 
rationc vdocitatum ^ ergo tcmpora libellarumfi motu a?quabili 
dcfccndcrcnt pcr c-equalcs altitudincs vaforumcffcnt rcciprocc vc 
dimidia? vclocitates^ hoc eft tcmpus decurfus libclla: vafis AB; 
adtcmpus decurfus libclla? pcr altitudincm vafisCD^ iequalcm 
nempc akitudini altcrius vafis , quam pcragit altcra libclLt-u»» 
crit vtdimidiumfcdtionisDaddimidiumfcdtionisB; fiuc,vt co* 
rum dupla. ncmpc vtfcCtioDadB. quod&c» 

' ^ - ' pROP, 
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PROP. VIII. THEOR. VII. 



SI fiierint diio vafa cylindrica, vcl prifmttica, altitiidiac,ac 
amplicudincinsequalias itemqucfint in*TquaIes fcAioncs fo- 
raminum : dico tempus quoficcatur primum vas , ad id quo altc- 
rum vas , cffc compofitum cx rationibus bafium, exrcciproca 
fcAionum luminum, & ex fubdiiplicataranoiic altitudinum . 

Sint duo vala L A B, O I H , qualia propofita funt , & fediones 
foraminum fint B,H: dico harc duo vafa zh initio plena ficcari 
tcmporibus vt didumcft , videlicct tcmpus dccurfus aqux vafis 
L ad tempus dccurfus alterius aquse vafis G H cffc in compofita 
rationc fc<aionis L adGjncmpebafis adbafim; cx rcciproca lu- 
minis H ad lumen B,&: dcmum cx fubduplicata rationc altitudinis 
A ad altitudincm I. 

ConcipianturduovafaCD,EF,a?qucampIa acpropofitum-^ 
vasLB; ^'luminaD,FfinguIa «qualia lummiH; pr^tcrca alti- 
tudo C fit xqualis altitudini A , & G altitudini I . 

Compoiiicur tcmpus decurfus aquce L A B ad id decurfus aquas 
OI H • cx ratiombus tcmporum vafis A B ad id vafis C D i huius 
vcro ad id w:i(\s G F, 5c dcinum tcmporis huius vafis ad id vafis I H ; 
fcdtcmporadccurluumaquarumpnorum vaforum ( vtpotcitquc 
alta, & a?que ampla ; fim c vt fectio foraminis D^lbu Had fcCtioncm 
foraminis B, crgo tcmpus decurfus pcr vas C D ad id per vas G F 
cum foramina D, F fint :equalia , funt in fubduplicata ratione alti- 
tudinumC, fcu A adG,vclIi & demum tcmpus pcr vas G F ad 
id pcr vas IHjCum fint a?quc alta, eorumqi foraminaitem xqualia, 
cfi: vt fcdio E, fi ue L ad fcdionem O^ feu vt bafis vails L b avi bafim 
vafisIH,- tcmpuscrgodccurfusjqux pcrvas AB ad tcmpus dc- 
curfus aquar pcr altcrum vas cft inrationc compofica bafium_^, 
in rcciproca luminum, & fubduplicata altitudinum , quod &c. 
^ SCHOLIVM. 
Cum plurimum difficultatis fit quotics in lateribus vaforuni^ 
foramina intclligimus j ncfcimus cnun , quar altitudo a libella ipfis 
foraminibuscompctati idcohaCl:cnus poluimus ipfa ioramm.i-^ 
' '^'^^-^. horizontalia, vidclicct fub bafi j fed nc pra?fcns dodrina nimis 
contrahatur^comcnti fumus , quomodo ad latcra applicari polfint 
horizontalialumina^quorum nullonegotioqueamus ftatucrc al- 
tuudiftcs. ^^^^^ 



TrA^AtHS TertiHs \ ^ / 

Nam fi fit ras AF, ciiius vnum latuc AB, cique Ct applicaa- 
dum foramcn datura in altitudinc AD; adftruatur eidem lateri 
aliudvafcuIumDCE infra D, communicans vafi AF pcr oku- 
Ium,quod raaiusfitforaminepr©pofito;dcindc apcriatur in laterc 
horizontali DE foramcn E amplitudine arquali foramini dato, 
atque hoc pa<ao fublata erit omnis difficultas pcrindc ac fi lumina 
conftituta ellcnt in btfi. 

PROP. IX. THEOR. VIIL 

SI fucrint duovafa prifmatica,aut cylindricai &c in ipfis qua?-^ 
damaquarum quantitatcs, quibusdcturinfrabafimcgrcflus f 
dico illas quantitates aquarum componi cx rationibus priorum 
ve!ocitatumfc(!lionum; ipfarummagnitudinum, &: tcmporum, 
quibuj vafa cxhauriuntur . 

Quantitatesaquarumvaforumcomponuntur cxrationibus fc- 
<Stionum,& altitudinum ; funt enim aut prifmacajaut cylindrica . 
Dicuntur autem aqu« dilapfx ex vafis, cum fupcriorcs libcll* 
attigerint bafcs valorum ; hoc eft cum pcrcurrcrint alcitudincs 
aquarumin ipfisvafis ; fed ipfa? libcll» funt veluti grauia coiura- 
riomodocadentia, hoc eft, quorwm motus funt naturalitcr dcfi- 
cientcs; dimidi;scrgo temporibus, & ijfdem vclocitatibus, quas 
abinitiohabebant ipla?IibcIIa?3mocu a^quabili percurren: cadcm 
fpatia, hoc eft cafdcm tltitudines i quarc ipfa? libclhT funt duo mo- 
biliajquc-e pcrcurrunt quaidam fpatia quibufdam velocitatibus 
& idco ex prop. 4. dcmotu «quabili Galila^i, erunt fpatia ipfi^ 
pcrcurfa, hoc eft ipff altitudines in rationc compofita velocitatum 
abinitiofedtionwmj&tcmporum,- itaqueconftat, aqu«quanti- 
tatcs dclapfas componi cx rationibus fcdtionum vaforum • vclo- 
citatum illarum, & tcmporum dccurfuum , quod &c. 

PROP. X. THEOR. IX. 



SI fuerintduovafaABJHcylindrica.vcIprifmaticajquornm ^ 
foramina BH: dico velocitatem aquse abinitiomotus vnius 
vafis, ad velocitatem aqua? ab initio motus alterius vafis, compofi- 
tamcffe ex rationeluminisB adlumcn H^cx fubduplicsca alcuu- 
dinum A,I, & ex rcciproca bafium , 

F 
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Sit vas CD arquc aniplum,aca?quealtum qu2m Yas ABj & 
foramcnDfitsequalcforaminiHs fit itemGFarque altum acvas 
IHi fcdscqucamplum quam vasABi foramcn vcroF fit a^qualc 
foramini H . His pofitis • 

Velocitas fcdionis L ad vclocitatcm fcdionis H componitur 
cx rationibus vclocitatu fedlionis L adeam fedionis vafis CDi 
& cx hac vclocitatc ad illam fcdtionis E ; & cx vclocitatc^p 
fcdionis E adillam fcdiionisO; verum vclocitas kC^,ioms L ad 
illam fcdionis vafis C D , cft vt lumcn B ad lumcn D, fiuc H ( hoc 
cnim oftendimusinprop.y.huius) i vclociras vcrofcdiionis vafis 
CD ad velocitatcm fcdionisF cft in fubduplicatarationc alti- 
tudinis C ad G, fiuc ad I; & velocitas fccStionis E ad illam fedionis 
OjCftrcciprocettfcdiioGadH^veladLj crgo ratio vclocitatum 
fciliomsLadillamfcdlionisO^cftcompofita cxrationibus lumi- 
num, cx rcciproca bafium^ &: cx fubduplicata altitudinuau^ ^ 
quod &c. 
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DE FLVMINIBVS- 

rRACrJTVS QJfARTVS. 

SVPPOSITIONES. 
I. 

Vpponimus vnamqiiamque fed:ionemflimiiau/nL> 
cffe fecundiim omnes fuipartes «quc velocem.^ . 
Licet hxc fuppofitio videri poffit non vera, cum 
fluminamedio vclocius, quam iuxta ripas ob fu- 
pcrficiem carundem in^equalcm, atquc afperam, 
tcranturs necefTccft tamen morc mathematico ab 
hisabftrahcrc, vtlocusfit demonftrarionii perito deinde linqui- 
mus rcm dcnuo fic vcftirc, aut cxuere circumftantijs, vt ad id, 
quod vcrum cft quam proxime accedat . 

II. 

Accipimus aquam eodem paAo in oppofitum fibi obi;ccm--» 
inuchi qucmadmodum vcntus in vchim ahcuius nauigij,- quare 
ficut momcntum huius crefcit , quo apcritur maior veh* pars, 
fic aqua? momcntumfit validius vbiimpcllens fe<flio ahcuiiis flu- 
minis, & per confequens pctita aggeris pars fuerit maior ; Itaquc 
hoc modo ftatuimusqucmadmodum debcat in fluminibiis concipi 
corpusimpellens, exquo vnacum vclocitatc allidcntis fcd:ionis 
confiirgit, ac intclligitur fluminis momentum. 

iri. 

NuIIumcorpusquatenusgraue potcft cxfc moucri, nififimul 
dcfcendat. 

Hinc fcquitur 3 fi vasplenum aqua in aliquonauigio ftatuatur, 
libcrquc ipfi aditus permittatur infra bafim, dum ipfumnauigiuin 
vehitur a flumine, maiori tcmpore, fcd infenfibili exhauriri, quam 
fi aqua cxirct immobili vafc. Nam fi vas ruerct totalifuo mo- 
mcntOjquamdiudefcenderct nihilaqaa? cftlucrcti quia vniucrfa 
aquatanquampars vafisrueretcxa?quocumipfcj contra immo- 
bili exiftentc vafcjdixiiniis in fchoho prop. primae, vbi de vafis 
egimuSjCylindrulum illumaqucum foramini vafisincumbcntcm 




T)c Aquis 

catcnusdcfcendcrc, quatcnus cxprimitur i circiimicda aqua^. 
lam in cafu noftro, cum vas, ncc totalcm dcfccnfum, ncc omnimo- 
dam quictcm habcat, proptcr impcrccptibilcm dcfccnfum ortum 
cx dccliuitatc fluminisj hinc fir, vt minus aquse tranfmittat motum 
fccundo fluminc,quam codcm tcmporcpermanes inftatu quictis. 

IV. 

Si fucrit corpus grauius fpccic, quam aqua, fcdintus ita cx- 
cauatum, vt pofitum in aqua ncc afccndat, ncc dcfccndat, hu- 
iufmodicorpusdcrocrfuminfluminc3 aflumimus moucri codcm 
pautojcadcmquc vclocitatc qua moucturaquaciufdcmfluminis ; 
nam intcHigi potcft pcr modum partis ciufdcm currcntis aquaf . 

Hinc obitcr infcrri potcft inarqualcm grauiratcm corporuni 
oriri prccis^ cx maiorijYclminoriraritatc , qux cft inftar cuiuf- 
damcauitatis, quafublara habcrcnt corpora molcarqualia idcm 
ponduss Hoc fit manifcftum in cafu propofito, atquc idcm ar- 
gucrc hcct in vniucrfum. Namcorpus illud fic cxcauatum non 
difFcrtaquantitatcciufdcmmohs, nifi,quodnatura fua aqiia fic 
rariorjioc vcrodcnfius, idcoquc indigct cxcauiri, vt rcducatur 
ad arqualcm grauitatcm, quod ita dcmonftratur. Corpus ilkid 
iic cxcauatum^vtdiximusjintclligitur vcluti pars flucntis aquar, 
crgo momcntum huiufmodi corporis crit arqualc momcnto ciuf- 
Jcm aquae flucntis in cadcm apparcnti molc inquacftilluds fcd 
momcnta(cxmcchanicis) componunturcx rationibus vclocita- 
tum, ac corporum ; crgo cum vclocitatcs fint afqualcs,crunt ctiamt 
corporainquantitatcarqualia^fcdfuntarqualia ctiam inpondcrc 
cx infidcntibus humido Archimcdis , crgoomnc difcrimcn cft iii 
minori^ vclmaiorirariiatc, quod&c. 

V- 

Dato vafc infra pcrforato, in quo, bcncficio canalrs influcnns, 
in cadcm altitudinc pcrfcucrct aqua; fi in libclla ciufdcm aquar 
ftatuatur corpus illud ficcxcauatttm; fupponimus dcfccnfurum 
afqucvclocitcr, ac ipfx fccfiioncs. Nam aqua qua: cx canali ir» 
vas immittitur non prohibct quin iam ingcfta dcfccndat \ cum 
igituripfum corpus concipiaturpcr modum partisipfiusingcfta? 
aquac moucbitur omnino codcm modo, 

His omnibus pofitig puto mc in tamdifficili, & lubrico argu- 
sncnco nonnulla poHc oftcndcrc vcilia^ atquc iucunda» 



PROP. 



PROP. 1. THEOR. L 

SI folidiim corpusdcmitratiirinfliimcnjdico vclociritcm quam 
habct a flumincad vclocitatcm fluminis in codcm loco, fi non 
cfiTct corpus illud, cflcrcciprocc^ vt tantundcm aquac occuptntis 
didicorporislocum ad ipfum corpus. 

Nam fi folidum immcrfum , ita cxcauatum cffct , vt cx fuppofi- 
tioncquartaconcipipoffctinftar partis aquarflucntis , cffctaequd 
vclox, ac ipfum flumcns fcd quodcunquc fit corpus, impcllitur 
codcm fcmpcrfluminis momcnto; crgo cum momcnta amborurn 
corporumfint jrqualiajncccflccft, vt vclocitas vniuf corporis ad 
vclocitatcm altcrius fit rcciprocc vc corpus ad corpus, 
COROLLARIVM. 
Hincdcducituf ficorpusimmcrfum fucrit grauius aquafl^umi- 
nisjcflcvclocitatcm ciufdcm fluminis ad illam dcmcrficorporis, 
quam ab impctu fluminis habct , vt totalc ciufdcm corporis pon- 
dus ad partcm illa m grauitatis, quaf rationc aqu.T dctrahitur ; nam 
cx prop. 7. Arch. dc i>s qua? vchuntur in humido, corpora humido 
grauiora^fiin ipfofint fiunttantolcuioraj quantacftgrauitas hu- 
midi m©lcm habcntis folid» magnitudini «qualcm . 

PROP. II. THEOR. 11. 

SI fitprifmaticum, fcu cylindricum vas fcmpcr plcnum aqul^ 
aut ad candcm alticudincm fcruata, licct dcorfum cx foram inc 
dcfluat i dico fi corpus grauius aqua in ipfa dcmcrfum fit, mo- 
mcntum quod habct ab impulfu dcfccndcntis aqua: ad illud quod a 
fola grauitatcinaquaquicfccncc,cflc,vtcftdifrcrcntia totius mo- 
tncnti,quocorpusniritur dcorfum in aqua vafis dcfccndcntc , & 
cius momcnci , quod idcm corpus habct in aqua ftagnantc ,ad boc 
ipfum momciuum ^ id quodfatis pcr fcpatct. 

PROP. III. THEOR, IIL 

SIT flumcnjin quo fufpcnfum dctincatur corpus grauius fpccic, F/f . 
quarn aqua j dircitio fiUquofiftituridcmgrauciicCA, Quae T^b 
occurrat fluminisIibcHtC in B^5c crcdtapcrpcndicuIariCD v/quc 

ad 
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idlibcllam, iiingatur B D . Dico monicntum, quod habct a flumN 
nis impctu, ad illud quod agrauitatc inipfaaqua cflcvt BD ad 
DC. 

Qnoniamfuniculus CA in fiia dirc(!lionc librat mobilc Caffc- 
itumduabusvirtutibus, horizontali ncmpCjacpcrpcndicuIari; fi 
virtus librans ftatuaiurCBj critCDvirtus pcrpcndicttlaris , &: 
BD horizontalisi quarcmomcntumgrauis afluminc admomcn- 
tum ciufdcm a grauitatc , cft vt BD ad DC, quod ^q. 

PROP. IV. PROB. I. 

PRopofit js duobus locis eiufdcm, vcl duorum fluminumjVtriuf- 
quc vclocitatcm vnius pcnduli artificio inucnirc. 
'^' Sint duo locaFjQjJiufdcm , vcl duorum fluminum , quorum 
vclocitatcsfint vtrobiqucvcftiganda?. Tam inF, quamin Qfifta- 
turdcirtccpsidcm corpus 4^ opc funicuh* 4^ aptata deindc ad 
inelinationcm funiculi L 4. Qnorma M L itaut perpcndiculuni 
ex M pcndcns notct longitudincmLP; idcm fiat in inclinationc 
L 4^ F eadcm norma M L N , & inuciiiatur longitudo a pcrpcndi- 
culodefignataLO: dico velocitatcm fluminis in Qad velocita- 
tcm fhiminis ciufdcm, vclahcrius inFjCfTc rcciproce vt LO ad 
LP. Sintfluminum IibelIa?TR, VS, intcIliganturqucQR, FS 
pcrpcndiculares a corporc >f vfque ad illas libcllas pcrdudtas . Ex 
antccedcnti propofitionc momcntum corporis>|*in (^jaccepruni 
afluminc^ad momcntumacccptum agrauitate eiufdcm corporis 
iiiaquajCftvtTRadRQ, fiucvtLMadLP . Itcmin F, momcn- 
tumcorporis^^agrauitate^admomcntumillins afluminCjCft vt 
SFadVSi hoc cft vt OLadLMs ergo cx pcrturbata, erit OL 
ad LP, vt momentum eiufdcmgrauisafluminc iaQ,ad momcn- 
tum ipfiufmct corporis a fluminc in F:,- at fi intclligatur in vtroquc 
ioco corpus ita excauatum, vt concipi poffit pcr modum partis 
fluminis vcl fluminum, habebit huiufmodi corpus cadcm momcn- 
ta inijfdcmlocisjqua^habuit immcrfwm corpus ^♦i crgo vt mo- 
mcntum abimpetu fluminisin Q^xcauati corporis ad momcn- 
tum abimpctu fluminis ciufdem cxcauati corporis, itacrit OL 
ad L P . Quia vcro eft idcu) corpus quod impcllitur a fluminc, imo 
cadcm pars fluminis j crunt momenta intcr fe vt velocitatcs, ^ 
idco vclocjcasfluminisin O ,advcIocitatcmfIuminisin F^ crit vt 
OLadLP.quod&c. ^ * SCHO- 
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Hinc videsnouum artificium adcxplorandis rationcs vcloci- 
tatum, quas habcnt flumina. 

Sivcro in quocunquc loco femcl mcnfusfucris pr3edi<flanx--j 
pcnduli dcclinationcm doccbo tc fcqucnti propofitionCjquomodo 
dato tcmporcpoflis in quouislocopronuntiarc quantitatcs aqua* 
rum pcr locum illum dccurfas. 

PROP. V. PROB. II. 

DAtofluminis locOjibiqucciufdcmfluminis fccT:fonc, inucfti- 
garc quantitatem aqu.T , qua? pcr candcm fccboncm cffluic 
tcmporc afliignato. 

SitfluminislocusF, cuiuslibclla VS ; darum vcrotcmpus p- 
dcbcmusinucnircquantitatem aqua?f[ucntis pcr datam fcd:ioncm rli.y 
X, tcmporc 4* . Efto vas prifmaticum, ciiius amplitudo, fcii fctaio 
fit R y hoc admoucatur falicnti cuidam vn iformi , qu^ aquam vafis 
licctcfflucntem cx foraminc infcriori^ad candcm altitudincm^ 
(cruet. In hocflatu^pondcrcturcorpuspcnduIiFLjfitque dcprc- 
hcnfumpondusPQ; idcmcorpusponderctur in ftagnanri aqua^ 
inucniaturquc pondus P 13 , quod erit minus pondcrc P Q^cx vi 
Supp> j.jCritqucdifFercntia BQj mcnfurctur deindequantitas 
aqua?, qusB in vafc cft, fitquc V 3 Tcmpus vcro quo exhauritur vas 
ccifantcaqua influcntcfit T. His fcmel cxploratis habcbimus rc- 
gulam vniucrfalcm ad dimenfioncm aqua?fluminum inquocunq; 
loco. AptcturcnimpcndulumFLinfluminc, & inclinationi fili 
FLapratanormaNLM, pcrpcndiculum MO dcfionct intcrual- 
hnn L O i t um fiat P B ad B C^vt L O ad C &: V ad Z componatnr 
cx rationibus datis, R ad X, cx dimidio tcmporis T ad 4* & C ad 
LM : dico Z cflc quantitatcm aquas clapfam pcr fcd:ioncm X 
tcmporc -4* i quod ita dcmonfiro, 

MomentumcorporisF afluminCjadmomcntum crufdcm cor- 
poris a dcfccndcntc aqua in vafc, cft jn ratjone compofita mo- 
menti ciufdcm corporis a fluminc, ad momcntum illius a «^rauitatc 
inaquaftagnantc, & ex hocmomcnto ad jllud ab aqua invafc,- 
cft au tem prior ratio L M ad L O , altcra vcro B P ad B fiuc L 6 
adC; cr^ocx^qualimomcntum abimpctufluminis,admomcn- 
lumciuWcincorporisabimpccua^u» vafis^ crit vtLMadC; fcd 

lUO- 
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momcntum corporis F abimpctiifiiiminisjCft a;qiulc momento 
abciufdcmfluminis impctucorporis {kcxcauati in cadem molc 
apparcnti, vtpcrmodumpartisfluminis concipipoffit,- Itcmm«- 
mcntum corporis F ab impctuaqujp, qu:ecft in vafc, cft^qualc 
momcnto quod habct corpus illud itacxcauatum abimpctudc- 
fccnfus pra?di<fta? aquae, pcr modum cuius concipi potcft ; Cumqi 
hoc corpus fic cxcauatum vtrobiquc fit idcm ; crgo vt mo- 
mcnta intcr (c, ita vclocitatcs ciufdcm cxcauati corporis, fcu 
aqu.T in vtroquc loco i cft crgo vclocitas fluminis in F , ad vc- 
locitatcm aqu« vafu , hoc cft vclocitas fcdlionis X ad vclo- 
citatcm fcAionis R , vt LM ad C . Dcindc quia tcmpusT 
illudcftjquocxhauriturvas; coquc tcmporc dccrckit vclocitas 
Cinmodumgrauium ficx humili in altumiaciantur,- crgodimi- 
dio tcmporisTpcr candcmfccitioncmR tranfibit motu apquabili 
cadcm aquac quanritas priori gradu vclocitatis ( nam h«c (cx GaL 
dodrina) pcrtranfitcandcmaltitudincm,quamhabuit in vafc^ 
vtroquc modo } Quibus pofitis licctnobis confidcrarc fcdioncm 
R vchiti fcdioncmfluminis, ctcnim vclociiatem ad «quabihta- 
tcm rcduximusj vt in fluminibus. Habcmus crgo fcdkioncm JC, 
itcmRi vclocitatcm aqua? pcr X ipfamLM, &:pcr Rip/amCj 
dcindc tcmpus ^ dccurfus aquar pcr X, ac tcmpus pcr R dimidiuni 
ipfiusTjquocffluxit quantitas aquar V; crgocumV ad Z com- 
pofita fit cx rationibus fcdionum, vclocitatum , & tcmporum 
praedidorum, quantitas aquar qua?pcr fcdioncm X tcmporc ^ 
tranfmittitur crit Z. 

L E M M A. 

Vtautcm monftrcmus aquarum quantitates pcr datas flumi- 
num fcdioDCsaffignatistcmporibus tranfmifrasjcftcin rationcco- 
pofita magnitudinum fcdtionum ^ vclocitatum, atquc tcmporum, 
rccurrcndum cft ad id^quoddiximus in prop.^. dc vafis. Datis 
ncmpcduobus vafis, &incisfint quardam aquarum quantitatcs, 
quibusdcnturinfrabafcscgrcftiiSj oftcndimusinquam rationcm 
jllarumquantitatum componicx rationibus vclocitatum abinitio 
fc<aionum; harum magnitudinum, &:tcmporum quibus vafa^.» 
cxhauriuntur ; vcrum quia dimidijs tcmporibus, ijfdcmquc ab 
initio vclocitatibus pcrfcucrantibus cadcm vafa cxhaurircntur ; 
crgocumpcrindcfir, acfidiiita! quantitatcs aquarum pcr flumi^ 

num ' 
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nMl fcfiHoncs «quabili motu cxcurriflcnr, patct, mquam , iiljur, 
quantitatcscomponicx rationibus vclocitatum , magnituclinumr' 
quc fciftionum^&tcmporumipfarum dccurfuum , quod 5:c. 
S C H O L I V M. 
Scdquoniam obdccliuitatcmfluminispcrpcndiculum FS noii 
cft cxadti ad rc(3:os angulos cum libcUa , idcoquc in triangulo 
MLOfimiliVSF angulusquiponitur rcdus ad L aliquantulun? 
dcb.crctcfrcmaiors fcd ob impcrccptibilcm inclinationcm ciuf- ^ 
dcm fluminis potcft finc crrorc rcdus intclligi. Tamcn quii^» 
potcft occurrcrc aliquis notabilis pcndcntia ^ volumus ad cundcm 
dizOi\xvci tradcrc cxadtiinmum artificium. 

PROP. VL PROB. in. 

DAtofluminc, primo ipfius pcndcntiam vcftigarc^ &:dcindc 
proportioncm aflignarc momcnti corporis immcrfi , quod 
habct afluminc^admomcntumipfiusjquodhabctapondcrc in^ 
aqua quicfccntc. 

Sit flumcn, cwius fumma fupcrficics B C, & horizon B D , volu- fti^^ 
musprimum inucftigarc angulum DBC ; dcindc quae ratio fit 7*4^. 
intcr momcntum i flumiuc corporis immcrfi A, &: momcntum 
ciufdcra rationc grauitatis in aqua quicfccntc. 

Notctur primum pondus grauis A in aqua ftagnantc, fitquc 
illudST; dcindclibrctur pcnduIumLA bcncficio trochlcx con- 
licrtibilis in L ^ fitquc pondus contrapofitum « . Applicctur 
confucta norma MLN longitudinipcndulijadcout pcrpcndicu^ 
Jum MO notctpun<iumO, hoc pcradio, habcbitur triangulum 
rc<ftangulum M L O ; itaquc fcorfim in charta duAa linca T S Y 
fiatanguIusQSR a^qualisanguIoMOL, &:fccctur SR flcqualis 
ipfi 6> ; itcm facSto angulo rcdo SRQjcadat pcrpcndicularis 
RYabR inQSi dcmum iungamusRT, quamdiuifambifariam 
inV ncdtamus in VS, &: protrahamus, vt ab ipfafcccmus SX 
icqualcm VS,- huicdcindc dudaparallcla RZ: oftcndain angu- 
lumYRZ scqualcmanguIoDBC ; &: VX adSTcam habcrc^j 
rationcmjquam diximuSjmomcnti corporisafluminCjad momcn- 
tum ciufdcm corporis a grauitatc. 

QuiacnimangulusQSK efta?qualis ipfiMOLjanguli vcroad 
R,Lrcdi,crunttriangulaQR S^MLOfimilia, itcm ob pcrpcn- 

G dicu^ 
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JiciilarcsLD,RY fimiliatrufigiila LDO,R YS? cftcrgovtSR 
adRY,itaOLad LD; icemquc vt SR adSY, iraLOadDO; 
cumquc LO ad DO fit ratio virtiitislibrantiscorpus in fiuminc 
ad totalem virtutcm pcrpcndicularcmjquam ipfum corpus habct 
in fluminc ( qua? quidcm vi Supp. j. maior cft quam virtus i graui- 
tatcinaquaquicfccntc ) cadcm vcro virtus LO ad LD cft illa^^ 
potcntiaplibrantis^advirtutcm^quam corpusmcrihorizontalitcr 
habct a fluminc; crgo quia SR fuit librans potcntia 3 crit Y& 
virtustotalispcrpcndicularis influminCj & R Y virtus fimplici^i) 
tcr horizontalisa fluminci habcs crgo angulum confcqucntcm 
RSTipfiusRSC), fcuipfiusLOM,& proptcrcd ctiam pofitio^ 
ncm pcrpcndicuh Y ST, inquocft virtusST apondcrc in aqua 
fta^^nante, itcmquceftdatapofitio virtutisS R j cumquc a pundto 

V dimidium notjntc ipfius RT^dud:! fit VSX dupla ipfius VS; 
patct ( pcr ca, qwor oftcndimus in primo traiftacu dc potcntijs bWi- 
qui$)circ VS X illam virtutemjqu» librat duas oppofitas SR, S T^. 
itaqtic S R crit ilia qu» fiflit duas virtutcs S T, V X , mobilcncmpe 
A in fluminc affedtum duabus virtutibus ST, VX; fcd ST cft 
virtus, fcu momcntum a grauitatc in aquaftagnance, fcquitur 
ergo rcliquam virturcm, fcu momcntum VSX oriri ab impctir 
flirminisfccundumillamdircdtioncmimpcllcntisi cft crgo VSX 
momentumcorporisafluminCj&huioparallcIaRZ ciufdcm flu-. 
minis dircdtioj quarc fi intclligatur QJ.T pcrpcndiculum, crit 

Y R horizon, &: Y R Z angulus inclinationis cum horizoncc xqua^ 
hs angulo DBC pendcatia? fluminis BC cum horizioncc BD , 
quod ^c. 

S C H O L I V 
Sicrgomahicrisvcftigare quantitatcm aquac.fluminis pcr aU^ 
quim fc(ftionem dccurrcntem fccundum vcram decUnacioncm 
f uminis , facilc cxequcris, fi in anccccdcnci demonftracione atquc 
figura 5 fubftitucris V X in locum ipfius LM. 



PROP. VII. PROB. IV. 

^^AfisduobusTorrcntibus inoppofitum planum irrumpcnti- 
bus inuenirc incurfuuni momcnta . 
Fi-. ^~Sir oppoficum planum ABCD; torrcntcs vcro fint^quorum 
diredtioucs FD.EC, cuiincurrant ia idcm planum fcAionibus 
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DjCi volumus vcftigarc incurfuum mom^nta. 

Rcpcriantur primo, vt docuimuSjEQFD vclocitates (hmVu 
num, a pundisE^Fagantur pcrpcndicnlarcs EB,F A in pla- 
numparictisj&iungantur AD.BCi patct cxclcm. vnamquam- 
qiic lincarum tranfcuntium pcr A, ^B, aciaccouum in pUa» 
parictis AB, cflc pcrpcndiciilarcs ipfis AF, BEi quarc D A F, 
CBE cruntanguli ic£t[: Vcrum quia cxduabus virtutibus F 
E C^quas habcnt torrcn tcs, producuntu r virtutcs F A, E B pcrpea- 
dicularcs ad planum A 15 C D, & A D, B C horizontalcs , quar duar 
llringuntdumtaxatparictcm ; crgo virtiitcs incurrcntcs in paric- 
tcm funt du3e priorcs pcrpcndicularcs ad ipfum parictcmi lunt 
autcm incurfuum fcdioncs D^C^crgocx Supp.i crit momcntum 
fcftionis C,fcu torrcntis EC^ad momcntum fcdionis D, fcu 
torrcntis F D ("cftcnim in quolibct loco fluminis, fcu tc;rrcntis 
idcm mo mcntum ) in rationc compofita vclocitatis F A ad vcloci- 
tatcmEB, &cxrationcfcd:ionisDadC, quod&c. Arquc hdcc 
iiita fit haitcnus dc ^uatuor argumcntis propofitis. 

APPENDIX GEOMETRICA. 

Nevacctfpatiuminpoftrcmafigurarumtabclla^addidi appcn- 
^icis loco duas dcmonftratiencs gcomctricas. Inprimapropona 
fcikioncm quandam oualcm rcgularcm tamcn, quar oftcaditur 
non clliptica, qua pofitacllipfi inucntacflfcr quadraturacircuH. 
Infccundtaffignatur ccntrumgrauitatisfupcrficici hcmifpharri; . 

PROP, I. THEOR, 

SIT rcdka LHinplanoquodamNMHI, cuius fupcrpartcm 
GH tanquam diamctrum infiftat pcrpcndicularitcr ddcm 
plano fcmicirculus HCG. Tuminipfo plano circa ccntrum L 
conucrtaturlincaLH vnacum crcdo fcmicirculo C G H , doncc 
adcundcmlocumrcdcat vndedifccflcrat. Hinc gcncrabiair fo- 
Jidum quoddam, quod fcmicircularem annulum appellabimus . 
5ccctur modo huiufmodi annulus plano quodam^quod fit pcr- 
pendicularetumfcmicirculo , tum altcri plaoo fubicdko, ita vt 
fc^io rcfultans in fupcrficic, fit lincaconucxa ABCD. Quapri- 
«yr jnodoaailUfxtcUipiica^noioftcndcmus noncfle . Sitcnim.fi 
- C 2 ficri 
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ficri polTu clliptica , & affumpto quolibct pundlo iuugatur L E, 
quarproducaturvtrinquc inMj&T j pcr hanc vcro lincam pla- 
num tranfcat pcrpcndicularc fubicito plano , quod fccct folidum , 
ciufquc fcdtio fit K B I, qu^e fcmicirculus crit, vtpotc codcm paClo 
pofita, acgcnitrixfiguraG CH. Dcindc quiaduoplana AC 0, 
GCH funt pcrpcndiculariacidcmfubicd:o plano ANMD^ crit 
itcm communis fcClio F C cidcm plano crcdta ^ & proptcrca pcr- 
pcndicularis duabus AD , IK^ cx quo fcquitur criam duas 
BE5FC intcr fc a?quidiftarc . Protradta nunc HL inN; quiu^» 
ABCD conucxa liaca ponitur clliptica , cuius axis cflct AD 
(nam prarconccpto annulo tanquam gcnito cxrotationc intcgri 
circuli GCH, omnino fimilis cxaltcrapartc prodirct fcdio , fi 
planumncmpc ABCD protrahcrctur ) crit rcAanguIum AFD 
ad ipfum A E D^ vt C F quadratum ad B E quadratum cft autcm 
AFD rccStanguIum .^qualc rcdanguloNFH, & AED rc(ilan- 
gulumarqualeipfi MEIjitcm CF quadratum arqualc rcAanguIo 
GFHj&BEquadratumxqualcrcciianguloKEI; crgo vtNFH 
adMEI rciflangula, itarcdtangulum GFH adKEI; &permu. 
tandOjVtNFHrcctanguIumadipfumGFH, itaMEI rc<ftangu- 
lum adipfumKEI. Diuifis itaquc prima, & fccunda pcr com- 
muncmaltitudincmFH; tcrria vcro, &quarta pcr communcm 
E I ; crit vt N F ad G F5 ita M E ad K E ; fcd diuidcndo , pcrmutan- 
doquc,crit NG ad MK, vtGF adKE,- cumque N G arquctur 
MK, ctiam GF «quabitur KE; quod vtiquc falfiun cft, nifi ]n 
cafiijquo DF fit sequalis ipfi A E ; non cft crgo cllipfis pr«4i<iti 
/citio. 

PROP. n, PROB. 

C^Entrum grauitatisfupcrficici hemifpba^ri) cft inmcdiaaxe» 
j Sit hcmifphaprium I G M, cuius bafis I M, & axis K G 5 fcce- 
V tur bifariamin L . Dicopundtum L forc ccntrum grauitaiis lu- 
pcrficici hcmifphaerij . 

Intelligatur fupcr planum eiufdcmbafis aliud Hcmifpha?riufn 
ACE^cuius axisKC fitfcfquitcrtiusaxis KG . Du(ftis duobus 
quibuslibct radijs KFDjKHB manifcftumcftomncslmcas KE> 
K Dj K B, K A in eadcm rationc fcfquitcrtia fccari , ia qtia fcihcec 
' jTciaa fuit KC a fuperficic fuppofiti hc/nifphjcri; . Siot pun(Sla 

di- 
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diuifionumMjFjCHjI. His pofitis confidcrentur ^aeJineae, vt 
inrtnumcrabilcs^ac inter fe f qualcSjfimilitcrqj pofiti conis qui,vna 
cuintcriccftis conicis sequalibus intcr fc,& fimilitcr pofitis,implcat 
totam foliditatem maioris hcmifpharrij. Cumigiturccntra gra- 
uitatis conorum omnium K K D, K C, K B, K A &c. fint pundx, 
M, F, G5 Hj I &c. crit pondus illorum cxpanfum in tota fuperficic^ 
minoris hcmifphaerij, itcm pondusconicorum ; idcoqueccntruin 
grauitatis fupcrficici minoris hemifpha^rij critccntrumgrauita- 
tis conorum^ & conicorum, atquc compofitas magoitudinis cx 
ipfis. VcrumcompofitamagnitudocxconiSjConicifquc cftipfuni 
hemifpha?rium i crgocuccntrura grauitatismaiorishcmifpha^rij 
ficdiuidataxcm,vtparsquar cftadverticcm fit ad rcliquam vt j 
ad 3 ; crit componcndo axisCKadpartem verfus centrumfphoe- 
rsBvtS ad 3 . Vcrumidcmaxis,cftadaxemminorishcmifphxri;, 
vt 8 ad ^ ; crgo cx «quali, K G dupla crit cius partis intcr ccntrum 
crauitatisj&fphoer» intcriedaf; quarc punCtum L eft ccntrum 
hcmifphxrij maioris, hoccft ccntrumgrauicatis fupcrficici fup* 
oofici hcmifph«rij minoris. 
^ S C H O L I V M. 

Qui proccffcrunt methodo Cauallcrianaj intencxerunt quaf- ^ 
dam innumcrabilcs lincasinter fc xquidiftantcs , qua? vcluti pa- 
rallcloc^rammacomplcrent ahquam fupcrficiem; itcm innumc- 
rabilcs quafdam intcr fc rquidiftantcs fupcrfi-cies, qua? vt totidem 
narallclcpipcda coinponcrcnt alicuius corporis foliditatcm ; fed ' 
notatudignumcftj innumcrabilcs rc(ftaslincascxcodem pun<5to 
c<>rcdicntcs3po(rectiamintelligi vcluti lotidcm triangula fupcr-. 
ficicm.cam implcniia, inquafunt ipfx lincae ; iccm nonnullA.^ 
innumcrabilia plana in candcm rc<ltam cociintia, concipi poffe Vt 
totidcm prifiHata foliditatcm quandam gencrantia > & dcmurn' 
innumcrabilcs lincae inidempun&um concurrcntes poffunt h^' 
bcri vt quxdampyramidcs^co.ai,vclconici, cx quibu^ paritcs 
rcfultct foliditas. 
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inmarginc Fig.y.Tab.tf. 
5 fcAionisH 
mlrginc Fij. 3 . T:A. 7. 
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Hbra 
KI 

MH,fMiLIadLH,vt. 
littera F comutari 

dcbct inE 
»exiilisrcfultantctn 
ICL 
GFA 
AFG ^ 
cx F 

FN,FM 
FN 

affcAio 
quarum 
XH 

nmiliterquc virtiucis 

funiculi 
VE 
EM 
ME 
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IMPKIMATVK, 

FMiehacl Pius Torrcs Sac.ThcoLMaii/lcr Commijfarius 
S.Officij MedioUni, 

CarolHsLSaita UHr.Baftl.Archifreshyterfro Eminentijjt' 
mof ac Reuerendijfimo Z>. D. Card. Atchiepi/copo . 

Francifcus Arhona ^ro ExcellentiJJimoSeBatH . 
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